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1 Introduction to COREXxpress and CCR

Correlated Component Regression (CCR) is a regression method for predicting a dependent
variable Y from a set of P predictor variables, where it is possible that P > N, N being the sample
size. Different variants are available depending upon the scale type of the dependent variable,
and assumptions about the predictor variables. In addition, a variant incorporating PLS
regression is also available. The various model types corresponding to these variants are listed in
Section 5.4.2.

A summary of CCR is provided in Section 8. For further details see:

Magidson, J. (2010) ‘Correlated Component Regression: A Prediction/Classification
Methodology for Possibly Many Features’, Proceedings of the American Statistical
Association.

Magidson, J. and Wassmann, K. (2010) ‘The Role of Proxy Genes in Predictive Models: An
Application to Early Detection of Prostate Cancer’, Proceedings of the American Statistical
Association.

To get started, Section 0 presents step-by-step tutorials.

2 Menus

The Menu Bar in COREXxpress has 6 general menu options: File, Edit, View, Plot, Model, and
Help

File Edit ‘iew Plot bModel Help
Figure 2-1: Menu Bar

2.1 File

New Project. You can start a new project and enter your data by hand or paste the data
from a non-SPSS or ASCI| text file source (such as Excel).

Load Dataset... Opens a data file to start a new project. COREXxpress accepts input data
as either an SPSS system (.sav) file or an ASCII text file (.csv, .txt, etc.). For additional
information on opening data files, see Section 4.
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Load Project... Opens a previously saved COREXxpress project (.spp).

Save Project As... This saves the analysis settings (and associated output) that have been
specified for one or more models in the active project. See Section 224.3.

Close Project. Closes the active project.
Close All Projects. Closes all open projects.

Exit. Exit the program.

2.2 Edit

Copy Plot... Allows you to copy the active plot to the clipboard as a bitmat. You will be
prompted to specify the target width (pixels).

Copy Model...Allows you to copy the model output from the active Model Output
window to the clipboard.

2.3 View

Workspace. Hides the Project window when unchecked.
Data. Hides the Data window when unchecked.
Control. Hides the Model Control window when unchecked.

Grid. Arranges all windows in a tile format when checked. Check again to unarranged
the windows.

2.4 Plot

Add Scatter Plot. Click to add a scatter plot. For more information, see Section 6.
Add Box Plot. Click to add a box plot. For more information, see Section 6.

Add Multivariate Box Plot. Click to add a multivariate box plot. For more information,
see Section 6.

Add Histogram. Click to add a histogram. For more information, see Section 6.

7
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Add ROC Plot. Click to add a ROC plot. For more information, see Section 6.

2.5 Model

Add CCR Model. Click to add a new CCR model immediately below the last model in
the active project in the Projects window.

Cancel Estimation. Click to cancel current model estimation.

2.6 Help

Register... Enter your registration code here to license the program (be sure to include
all spaces).

About CORExpress... Provides general information about the program.



Copyright © 2011 by Statistical Innovations Inc. All rights reserved. (version: 11/15/2011)

3 Windows

by Statiztical Innowvations
File  Edit Miew Plot  Model Help
Projects & x| lccr 1 & X
4 & LMTraval [ Dependent ] i
b [] ccra
CREATE MEWY MODEL CCR nok yvet estimated, Use the 'Estimate’ button on [\f = ]
CREATE MEWY PLOT
Project Window [ Bredidors 13
. 1D -
Model Output Window Validation H
simulation
1 m ] 3 ¥ -
Model Control Window
[ Step Down ]
[ Options ] o
Data g X
Data Window
Status Bar Window

Figure 3-1: CORExpress Windows

3.1 Project Window

The Project window is located on the left-hand side of the application (See Figure 3-1). It
provides a hierarchical view of the contents, consisting of the names of projects or datasets
opened, the project models, and the plots generated for each model. To expand/contract any level
of the hierarchy, click the » / ¥icons.
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Projects

/ Project/Dataset Name

< 8

LMTr&Val ———| Model Name
[]ccRt——

CREATE MEWY MODEL
CREATE MEWY PLOT

Figure 3-2: Project Window

Projects/Datasets

Right clicking on currently open projects/datasets provides the following options:

Set as Active Project

Project Settings

Save Project 8s...

Close Project
Rernowe All Plats and Models

Figure 3-3: Project Options

‘Set as Active Project’

Sets project as active project. The projects/datasets will now be bold. You can also
double click on the project/dataset to set it as the active project. Set the project as active
before saving and closing projects.

‘Project Settings’

Opens the Data window Variable Selection dialog box. For each variable on the dataset it
provides the 1) Predictor type (categorical, continuous, etc.), 2) Mean, 3) Range, 4)
Count. Check the box next to the variable to view the variable for all cases in the Data
window.

‘Save Project As...’
Opens the Save Project Dialog window to save the project.

‘Close Project’
Closes the project.

10
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‘Remove All Plots and Models’
Deletes all previously estimated models and associated plots in the project.

CCR 1/Model Name

By default, the 1% model is assigned the name ‘CCR 1, the 2", ‘CCR 2, ... . Right clicking on a
model name directly below the project/dataset name provides the following options:

Rename

Copry

Fermowe

Figure 3-4: Model Options

‘Rename’
Allows you to rename the model.

‘Copy’
Click to copy the settings associated with the selected model and create a new model at
the end of the list of models below the project/dataset.

‘Remove’
Deletes the model and all associated model settings & plots.

3.2 Model Control Window

The Model Control window is used to select variables and set analysis options. Model
specifications that are required for analysis are shown (‘Dependent’, ‘Predictors’, and ‘Options’)
and cannot be hidden/collapsed. See Section 5 for model setup. Additional options for model
development can be expanded (unhidden) by clicking on them (‘Step Down’, “Validation’,
‘Cross Validation’, and ‘Screen‘). See Section 5 for more details.

11
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CCR 1 & X

[ Dependent: ] 1

[ Predictors ]

[ -
[ walidation (M
[ sirnulation

[

] BRCAL

] ch4d S

L]

[ Skep Down ]

[ Options ]

Max # Components: 4 = |:| Autarnatic
@ CCR.JAm () PLS.skd () PLS.unst

(7 CCRrda () CCRlogistic () CCRLsury

Iterations: 4 = | Ridge: 0.001
Weights: [-::nu:une:: ']
Case Id: [::nu:une:b "]

[ tnchude Missing || MMsE

Yalidakion ]

[
[ Cross Malidation ]
[

Screen ] Al

Figure 3-5: Model Control Window

3.3 Model Output Window

When a model is estimated, model summary output will appear in the Model Output window. To
copy individual parts of the output, select the text using your cursor, right click, and click ‘Copy’
(Ctrl + C). For more details, please see Section 6.

12
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Linear Regression Tutorial : CCR 1 El@

Copy

Results for CCR.Im Regression - Mon Sep 12 09:43:59 2011 i
Model

Dataset: LM Traal saw

Dependent: Y

Weights:

Case Id: =

Predictors (14): BRCAL CDdd, CDI7, COKM1A, EP300, GSK3E, IQEARL, MARZKL, MYC, REL, £
Training Subset: [Yalidation] =10

# CCR.Im: g
# Cases: S000 training, 000 validation, 0 missing
Fit

Training Yalidation Cross-Yalidation
B2 07751 0.7a00 07737
Coefficients

14656 02359 1,153% 07965 09110 07580 07102 04353
Predictors Coefficient CC1 CC2 CC3 CC4 CCS CCe6E CCT  CCH

BRZAL -2.5640  -0.5808 -2.8227 -0.,7909 -0.5206 -0.13F¥8 03215 0.1563 0.1172
D 19510 07740 -2.8365 00448 07851 1.2494 -0,1055  0.0495 -0,1123
D7 38917 1.28BR -1.2938% 15712 10149 -0.76F0 07925 -0.0460 -0,3061
CDEM1A 20509 2E601 14077 -0.B696 -1.3518 0.1591 02819 00746 -0.2005
EP300 -1.2904 04664 -36232 -1.0021 19976 -0.F690 -1.0411 -0.0167 -0,1210
35k 3E 44756 00485 -2.2762  3.EREZ -0,1749 04973 06783 -0.124F 02164
IipEaP1 16076 04202 -2 7760 1.0558 07792 -0.5062  0.4991 -0.1939 00669
MARZE1 21317 1.023F -2.7683 30531 -1.7814 -0.8403 -0.7418 06630 00355
R -1.6286  -0.1652 -2.5205 -1.0510 -0.1116 06347 -0.0916 00662 -0.0993
RE1 -2.:2615 -0.3093 -2.0119  0,7394 -1.8710 -0.0324 -0.5474 -0.4321 -0.0057F
SIAHZ 15769 16141 07597 -1.0430 02518 0.0443 -0.0508 -0.0323 0,1435
SP1 -8.8264 00630 -5.4162 -4.8551 -1.4841 -1.2157 08379 -0.2520 -0,1034
THF 2eF7F 12322 -0.9240 10325 -0.3642 0.2329 -0.2685 -0.0362 00136
extralb 00531 00,1033 00795 -0.0166 -00626 -0.0491 -0.0192  0.0102 00092
[Constant] 00161904 -
F m 3

Figure 3-6: Model Summary Output

3.4 Data Window

DATA WINDOW & PROJECT SETTINGS MENU

The Data window at the bottom of COREXxpress can display the values for a subset of variables
included in the dataset. Variables to be displayed in the Data window can be selected from the
Project Settings Menu, which includes the following information for each variable:

13
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e Type (continuous, categorical, etc.)

e Mean
e Range

e Count (frequency)

To open the Project Settings Menu:

> Right click on the project name in the Project window.
» Select ‘Project Settings’

The following window containing descriptive summary statistics appears:

7| Data Window Yariable Selection (-5 |3
Variables
Wariable Type kdean Range Count  *
[ 1D Continuous 5000 (1,10000) 10000 i
[] walidation Categarical (23 0.5 {01 iooop =
[] sirulation Continuous 50.5 (1,10m 10000
] Caontinuous -0.03728 (-11.86,11.98) 10000
[] BRCAL Continuous 0.004675 (-2.232,2.343) 10000
[] ch44 Continuous 0.005851 (-2.124,1.919 10000
] coa? Continuous 0001543 (-2,232,2.549 10000
] cDEM1, Continuous 00008199 {-2,119,2.148) 10000
[] EP300 Continuous 0008798 (-2.474,2.331) 10000
O] G3k3B Continuous 0.003591 (-2.141,1.948) 10000
[ 10G6aP1 Continuous -0.00002224 {-2.35,2.342) 10000
] miap2El Caontinuous 0.0055449 (-1.533,1.655) 10000
] mave Continuous 0.01045 (-2.354,2.456) 10000
[] rRE1 Continuous 0004618 (-2.293,2.052) 10000
] RPS Continuous noonz2aaz  ¢-1.507,L.37 10000 -
[ (4 ] I Cancel

o

Figure 3-7: Project Settings Menu Option: Data Window Variable Selection

Select the variable(s) that you wish to appear in the Data window by checking the box to the left

of the variable name.

14
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Data g X
I ¥ BRCAL CD44 CD97 CDKN1A EP300 i
1 1705 0.08478 01818  0.1317 -0.1323 0.2807
2 -1057 04364 04098 07832 02284 0.7725
3 273 03772 07012 -0.3435 0 -1095 -0,6105 -

Figure 3-8: Data Window

Data Window: Sorting

In the Data window, you can sort the data by clicking on a variable name at the top of the Data
window. Click once to sort ascending; click twice to sort descending. Note: sorting in the Data
window will not change the order of the input data set.

Data Window: Sorting

You can change the order of appearance of the variables in the Data window by clicking on a
variable name at the top of the Data window and dragging it to the desired location. Note:
moving variables in the Data window will not change the order of the variables in the input data

set.

3.5 Status Bar Window

The Status Bar will provide information for the following:

e When loading a dataset, the status bar will report how many cases were read.
e When estimating a model, the text ‘Estimating...” will appear in the right-hand side of

the status bar.

o When applicable, status messages about Rounds, Folds, and Step-down are shown
in the left-hand side during estimation.

Found 2 Fold 1 of 5.,

Figure 3-9: Status Bar Window

Estimating...

15
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3.6 Plot Control Window

A variety of traditional plot options are available. To see these, double click ‘CREATE NEW
PLOT’ from the Project window. Alternatively, click on ‘Plot” from the Menu Bar at the top and
select the desired plot. Once you select your desired plot, the Plot Control window will appear on
the right-hand side of the program in the place of the Model Control window. To view the Model
Control window, double click on the model name in the Projects window. To view the Plot
Control window, double click on the plot name in the Projects window. For details, see Section
6.

Scatker Plot 1 &
[ Yariables ]
®: [ZPCL(2) - |
v [2pct (2) -
[ Markers ]
[ Labels ]
[ aridlines ]
[ Subgroup ]

Figure 3-10: Scatter plot Control Window

Box Plot 1 g X
[ Yariables ] il
®i [MODEL (24) -
¥: | PRICE (24) - |
[ Markers ]
[ Labels ]

Figure 3-11: Box Plot Control Window

16
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Boi Plak 2 B X

[ Yariables ] il

["] PRICE (24) -
[] CYLINDER (18) [
[] PONVER (19

[] SPEED {19

[] WEIGHT (213 .

[ Markers ]

[ Labels ] il
Figure 3-12: Multivariate Box Plot Control Window

Histogram 1 g X
[ Yariable ] i
| WEIGHT (21 -

[ Bins ]

# Bins: 24 =1 |2
[ Labels ]

n OWEIGHT

¥ Count

Title: s

Figure 3-13: Histogram Control Window

4 Data Files and Formats

This Section shows how to open or close a data file and how to save projects. It also describes
the alternative data file formats that can be used.

The program accepts the following input data:

1) saved as an SPSS (.sav) system file,
2) saved as an ASCII text file

17
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4.1 Opening a Data File

To open data files in SPSS system file format or text file format.

To open the file, from the menus choose:
» File &> Load Dataset...
> Select the name of the file you want to open and click ‘Open’ to load the dataset

S —

==

Edit “iew Plot Maodel Help
Mew Project Ctrl+M g X

Load Dataset..,

|C0ntr0| 5 X |

Load Project...
Save Project &,

Close Project
Close &l Projects

Exit

Data g X

Figure 4-1: File Menu

18
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r:

] Open data set
C)v(j)v| . % User's Guide » Tutarials » Linear Sim Tutarial - |4f ‘ ‘ Search P |
‘ Organize = 25 Views ~ B Mew Folder
Favorite Links Marme Date rnu:udvified
E_l Docurmnents iﬂLMTr&VaI.sav 172172011 347
@ Music
E Pictures
Maore »
Folders hd
. SIPlot Program Developrment =
. standardized
. User's Guide
. Tutorials (W

. LDA Simulations

. Linear Sirm Tutorial

- | 4| I | F

File name: LM TréM al.zay - lDatasets[".dat“.sav] v]

[ Open ] [ Cancel l

Figure 4-2: Loading a Dataset

You will now see the selected dataset loaded in the Projects window on the left. You can view

the complete dataset in a new window by double clicking on the dataset name in the Project
window.

19
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, B LMTranval sy = | =[] ﬁ

ID Malidation simulation i BRCAL CDa4 coar | =

1 1 ............ 1] 1 1.795 008478 0.1818 0.1317 -0

2 2 ............. 1] 1 -1.057 0.4364 0.4098 0.7832 .

3 3 1] 1 -2.713 03772 -0.7012 -0.3435 -1

4 4 1] 1 3,55 -0.5495 03141 -0.4413% 0,

] 5 1] 1 0.6103 -0.1588 -0.01424 0.02826 -0

f b 1] 1 6,577 -0.992 -0.3654 -0.2133 .

7 7 1] 1 0.6732 0.1732 0.3515 0.4224 .

] 8 1] 1 -4.108 02723 0.5265 0.5424 -0

q g 1] 1 0.6059 -0.995% -1.469 -1.538 -0

10 10 1] 1 3.908 -0.2281 0.3548 -0.266 0 _

« [ P

Figure 4-3: Dataset View

4.2 Data File Formats

CORExpress will load data from input files in any of the following data
formats:

- SPSS system file (*.sav)
- ASCII text file (*.csv, and others)

SPSS Files

For information on creating an SPSS system file, see your SPSS manuals.

COREXxpress recognizes the full 64 characters of SPSS variable names, and the 256 character
limit for string values. String values are case sensitive: 'f' and 'F' are separate characters. SPSS
value labels are not used. Date values are not translated from their internal representation.
Text Files

COREXxpress recognizes several variants of delimiter-separated text files.

The delimiter can be the tab character, the comma, or sequence of 1 or more white space

20
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characters. Comma delimited files are recognized by the use of ‘.csv’ as the file extension; the
other delimiters are recognized by inspection of the data lines.

The first line of the file should have variable names.

The data for any variable may be numeric (quantitative values only) or may be a string variable,
containing some or all alphabetic characters (such as 'Female’, 'Male"). For numeric data, do not
use commas (such as 3,634). String variables containing lower and upper case letters, such as 'f'
and 'F', are distinguished as separate categories. Missing data for a numeric variable may be
specified using a period (."). Each data record should contain exactly the same number of data
elements, one for each variable name.

Below is a partial listing of a text formatted data file. This file contains one record per case. Note
that records 6 and 7 are identical (0 30 0 F).

IMPROVE AGE TREAT GENDER
0231F
0230F
1271 M
0291 M
0301 M
0300F
0300F
1310F
2321M
0321F
0320F
2330F
1371F
0370M

For data sets consisting of many observations that contain identical values on all variables, the
inclusion of an optional integer value frequency count variable will reduce the number of
physical records in the file. Below is a partial listing of another text formatted data file. For each
data record, FREQ contains the count of observations having the specified values on each of the
variables. For example, the value of FREQ for the first record, defined by the values specified as
‘1,1,1,1,1is 3,634.

BACK NECK JOINT SWELL STIFF FREQ
111113634

1111273

1112187

1112210

11211440

21
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1121289
11221106
1122275
1211129
22212162
2222144
22222176

4.3 Saving Projects (Model Settings & Output)

This ‘File->Save Project As’ menu option can be used to save the variable selections and other
option settings used for one or more previously defined models in the format of a COREXxpress
save file (.spp). This .spp file can then be opened at a later time using the ‘File>Load Project’
command. The advantage of an .spp file is the ability to retrieve analysis settings and output for a
particular model or series of models at a later time without having to re-specify these settings.
You can also use a retrieved setting as a starting point for specifying a similar model on the same
data.

22
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5 Model Setup

5.1 Select the dependent variable

| Dependent |

¥ *J
Figure 5-1: Dependent Variable Selector

By default, the dependent variable selected is the first variable on the data file. To change the
selected dependent variable:

> In the Model Control window below ‘Dependent’, click on the drop down menu and
select your desired dependent variable.

See Section 5.4.2 for details regarding the types of dependent variables accepted by the current
version of COREXxpress.

5.2 Select predictors

| Predictors |
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YWalidation

simulation

Y

BRCAL

Co44

CDo7y

L ) %l Y e I

B

Figure 5-2: Predictor Selection

The names for all variables on the data file are listed in the Model Control window below
‘Predictors’. Check the box next to the corresponding variable to select it as a predictor. To
select multiple predictors at a time, click and hold on variable and move the cursor down to
highlight multiple predictors. Click on the box next to any of the highlighted predictors to select
all of them.

Alternatively, you can open a Predictors window to select the predictors:

> In the Model Control window below the ‘Predictors’ section, click the ...’ button.
» The Predictors window will open.
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» Click on any variable in the left box to highlight it, and click on the *>>* button to
move the variable to the candidate predictors box on the right.

» To highlight multiple variables, click and hold on any variable and move the cursor
down to highlight multiple predictors in the left box. Click on the ‘>> button in the
middle to move them to the right box as candidate predictors.
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Figure 5-3: Predictor Window

5.3 Step Down

Various program features affect the selection of predictors to be included in the model. When the
Step-down option is activated, the number of predictors P* is determined for a K*-component
model, where either K* or the maximum value for K* is specified in the Options section. (See
Max # Components and Automatic options in Section 5.4).
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Skep Down
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Figure 5-4: Step Down Options

5.3.1 SPECIFYING RANGE FOR # PREDICTORS
Check Box: ‘Perform Step Down’ Variable Selection Option

Check this box to utilize the Step-down option which yields a model containing a subset of the
candidate predictors.

5.3.2 PREDICTOR SELECTION OPTIONS

‘Min # Predictors¢ (default = 1)

You can specify the minimum number of predictors to include in the model.

‘Max # Predictors® (default = 20)

You can specify the maximum number of predictors to include in the model. Enter a number
greater than or equal to Min # Predictors.

Suppose you had 10,000 predictors to begin with. If you step down to say Min # = 1 predictor,
but specify say Max # = 20 predictors, the final model will contain P* predictors where P* is
between 1 and 20. The summary output at the bottom of the Model Output window as well as the
associated graph will only report results for models containing between Min # and Max #
predictors.

Note: The Cross-validation (CV) feature is used to determine the number of predictors P* to
include in the model. If the CV feature is not activated, the step-down procedure yields a model
with P* = Min # Predictors. For details of the CV option see Section 5.6.
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Check Box: ‘Remove by Percent’

In the case of large P, to reduce the amount of computational time, more than 1 predictor can be
eliminated at each step. To use this option, specify the percentage of predictors to be removed at
each step. The specified percentage of predictors will be removed at each step, until 100
predictors remain, at which time the step-down algorithm removes 1 predictor at a time.

By default, the percentage is set to 1%, meaning that if you had say 10,000 predictors to begin
with, after 460 steps you have fewer than 100 predictors. Or, if you used 2%, after 229 steps you
would be under 100 predictors. If not selected, the step-down algorithm removes 1 predictor at a
time.

‘Percent’

Specify the percentage of predictors to be removed at each step, until 100 predictors are left, at
which time 1 predictor at a time is removed.

SELECT STEP-DOWN PREDICTORS (APPEARS ONLY AFTER A MODEL IS ESTIMATED)

| Select Skep-dawn Predickars |

Figure 5-5: Select Step-down Predictors Button

After you have estimated a model using the step-down feature, you will have the option to select
only the predictors that were selected in the ‘optimal” model—all previously checked predictors
which were not included in the ‘optimal’ will be unchecked. If you check this button to select
only the selected step-down predictors, the ‘Perform Step Down’ check box will automatically
be unchecked.

@Warning: It is not a valid use of cross-validation (CV) to perform CV AFTER selecting say
3 predictors using the “Select Step-down Predictors’ option, ignoring that these predictors were
selected from a larger number of candidate predictors. This will yield a biased (invalid) CV-R?.
The correct way to obtain the CV-R?is to include all predictors, and specify that the maximum
number of predictors = 3. For details of the CV option see Section 5.6.
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5.4 Options

5.4.1 SPECIFY # COMPONENTS (MAX # COMPONENTS)

-

Max # Componenks: 4 = Autarnatic
Figure 5-6: Specify # Components

Max # Components: If the Automatic option is not checked, the ‘“Max # Components’ field
contains the number K of components (minimum value is 1). Under Options, click in the box to
the right of ‘Max # Components’ to type the desired number of components. You can also click
on the up and down arrows to increase or decrease the number of components by 1.

Automatic: When both the ‘Automatic’ and Cross-Validation options are activated,
COREXxpress estimates several models and provides a plot for the CV-R? (or NMSE) for all K-
component models where K is less than or equal to the number specified in the ‘Max
Components’ text box. Output in the Model Output window is provided for the K*-component
model, where K* is the number of components associated with the model with the best CV fit
statistic. The CV fit statistics depend upon the particular model type.

Note: Selection of Automatic will have no effect if the Cross-validation option is not also
activated.

Note: To guard against an unreasonably large value for K being specified, prior to beginning this
algorithm the value for K is reduced (as described below) to the smallest value obtained from
application of the following criteria:

1) If K> N-1, Kis reduced to N-1, where N is the number of observations in the estimation
sample.

2) If K>P, Kisreduced to P, where P is the total number of predictors

3) The following 2-step procedure is applied:
Step 1: Initialize K’=2.
Step 2: Estimate the K’-component model. Check to see if any of the stopping criteria a,
b, or c are met (see below). If any of the criteria is met, set K to K’-1 and stop.
Otherwise, increment K’ to K* + 1. If K’ = K stop. Otherwise return to step 2.

Criteria;
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a)
b)

c)

5.4.2

The tolerance for component S; in a regression of S; on the other components S,, ..., Sk
exceeds 1E-6.

The singular value decomposition (SVD) algorithm applied to the component covariance
matrix results in a singular values range that exceeds 1E+12.

The standard deviation for component K’ exceeds 1E+10.

SELECT MODEL TYPE

@ CCR.Im PLS.std PLS.unsk

CCR.|da R logistic R, sury
Figure 5-7: Model Type Options

Notes:

CCR.Im (linear regression): continuous dependent variable, predictors assumed to be
numeric (continuous, dichotomous, or discrete).

PLS.std* (PLS regression with standardized predictors): continuous dependent
variable, predictors assumed to be numeric (continuous, dichotomous, or discrete).

PLS.unst* (PLS regression with unstandardized predictors): continuous dependent
variable, predictors assumed to be numeric (continuous, dichotomous, or discrete).

CCR.lda** (linear discriminant analysis): dichotomous dependent variable, predictors
assumed to follow a multivariate normal distribution with common variance-covariance
matrix.

CCR:.logistic** (logistic regression): dichotomous dependent variable, predictors
assumed to be numeric (continuous, dichotomous, or discrete).

CCR-surv (survival): dichotomous dependent variable (event), with multiple records per
case. Requires use of Case ID variable to identify cases. For details regarding the Case ID
variable, see Section 5.4.5.

*Unlike CCR which is scale invariant, PLS regression is scale dependent, meaning that different
solutions are obtained depending upon whether predictors are maintained in their original scale
(PLS.unst) or standardized to have variance 1 (PLS.std). When predictors are not all in the same
units, it is generally recommended to standardize the predictors — this is done automatically as
part of the PLS.std. model type option.
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** | DA and Logistic regression variants of CORExpress 1.0 are limited to dichotomous
dependent variables in the current implementation. If the dependent variable has more than two
values, the program automatically dichotomizes it at the mean.

5.4.3

TECHNICAL OPTIONS FOR LOGISTIC REGRESSION AND SURVIVAL MODEL TYPES

Occasionally logistic regression algorithms will not converge due to complete or quasi-
complete separation between the 2 dependent variable groups. For example, with a single
predictor X such that all cases in group 1 have higher X values than all cases in group 2,
any regression coefficient for X will provide perfect separation of the 2 groups, and the
maximum likelihood estimate for the X coefficient does not exist (it approaches infinity).
Similar convergence problems may occur with near perfect separation.

To prevent such convergence problems, the CCR.logistic algorithm in COREXxpress
contains 2 control parameters -- the # iterations and the Ridge parameter.

5.4.3.1 Iterations

By default, the number of iterations is set to 4, which should be sufficient for most
applications.

5.4.3.2 Ridge Parameter

5.4.4

5.4.5

The ridge regression penalty parameter has a default equal to .001. With no penalty
(Ridge parameter = 0), the separation problems may cause nonconvergence, in which
case increasing the number of iterations will yield larger and larger estimates for at least
one regression coefficient. Using a sufficiently large penalty eliminates this non-
convergence problem. Typically, the default parameter (.001) will be sufficiently large to
prevent the non-convergence problem from occurring.

WEIGHTS

Individual records can be weighted differently according to the non-zero values provided
in the optional Weights variable. When not specified, all records have a weight of 1. To
assign a variable to be used to specify the weight, select that variable from the Weights
drop down menu under Options section in the Model Control window.

CAsE ID

If the data file contains only 1 record per case, no Case Id variable is required. For data
files in which one or more cases have multiple records (e.g. repeated measures), a
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5.4.6

0.4.7

variable must be assigned as a Case Id variable to uniquely identify each case. Use of a
Case ID variable assures that all records associated with a given case are assigned to the
same fold. (For further details regarding the use of folds in Cross-validation, see Section
5.6).

To assign a variable to be used to specify the Case IDs, select that variable from the Case
ID drop down menu under Options section in the Model Control window.

INCLUDE MISSING

By default, missing data in CORExpress is handled using the ‘list-wise deletion’ option,
which eliminates any case that has a missing value on any predictor. When the ‘Include
Missing‘ box is checked, missing data is handled by imputing the mean. Imputation is
done for the training and the validation samples separately.

NMSE

For model types CCR.Im and CCR.pls, the Normed Mean Squared Error (NMSE) is
included in a check-box as an alternative tuning criterion to the CV-R% NMSE is defined
as the Mean Squared Error Divided by the Variance of Y. It should provide values that
are greater than 0, and usually less than 1. VValues greater than 1 indicate a poor fit in that
the predictions (when applied to cases in the omitted folds) tend to be further from the
observed Y than the baseline prediction provided by the observed mean of Y (a constant).
To use CV-NMSE as the criterion to minimize, check the box to the left of 'NMSE'". If
this box is not checked, the default criterion CV- R? will be maximized. These two
criteria should give the same or close to the same solutions in most cases. CV-R? is
computed as the square of the correlation between the predicted and observed dependent
variable.

5.5 Specifying Training & Validation Subgroups

The Validation section of the Model Control window allows splitting the cases into Training and
Validation samples, where only the cases selected to be in the training sample are used to
estimate the model. To use this option, specify a criteria for defining the “Training Subgroup’.
By default, the cases not selected for the training subgroup constitute the “Validation Subgroup’.
This default option can be overridden by also defining a ‘Validation Subgroup’. If both a training
and validation subgroups are defined, cases meeting neither selection criteria are not used for
model development nor for model validation.
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Figure 5-8: Training & Validation Subgroup Options

Selecting the Training Subgroup

By default, if no Training or Validation Subgroup is specified, all cases on the dataset will be
used for analysis. If a Training Subgroup (an ‘analysis’ sample) is specified, only these cases
will be used to develop the model. By default, all cases not specified in the Training Subgroup
will be used as the Validation Subgroup. The Validation Subgroup cases are not used at all
during model development, but are used to independently test the performance of the model
developed on the Training (‘analysis) Subsample.

> In the Model Control window, click on ‘Validation’ and options will appear for
selecting training and validation sample cases.
» Under ‘Training Subgroup’, click on the ‘<select>‘ drop down menu and specify a
variable to be used to select the subsample.
» Click on the ‘= drop down drop down menu choose from the following operators:
= = (equal to)
= ~= (not equal to)
= < (lessthan)
= > (greater than)
= <= (less than or equal to)
= >= (greater than or equal to)
» Click in the Training Subgroup numeric box and specify number to be used to specify
the subgroup.
» You can use multiple variables to specify the training subsample. To use additional
variables, click on ‘<select>¢ in the 2™ row and continue to specify the subsample

The “Validation Subsample’ can be specified in the same manner as the Training Subsample.
By default, when the Cross-validation option is used, if a Training Subsample is specified, all
other records on the data file are used for the Validation Subsample. Cross-validation cannot be

performed when a Validation Subgroup is specified.

After estimating a model, the model output will report the number of cases used in the Training
Subsample and the number of cases in the Validation Subsample.
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5.6 Cross-Validation (CV) Options

CV statistics are used to determine the number of predictors P* in a model when the Step-down
option is activated, and to determine the number of components K* when the Automatic option
is used.

| Cross Malidation |

Ilse Cross Validation

# Rounds: 1 =
# Folds: 10 =
o | Skratify

Randaomization Seed: 09302010

Fold Yariable: | <none:= -

Figure 5-9: Cross-Validation Options

Use Cross Validation Box: Check this box to use the Cross Validation option
5.6.1 #ROUNDS:

By default, R = 1 round of M-fold CV is performed. When 2 or more rounds are
requested, standard errors are also provided among the CV fit statistics.

5.6.2 #FoLDs:

By default, cases are allocated among M = 10 folds. R fold assignment variables are
appended to the data file. To view these variables, see Section 4.1). Generally speaking, it
is recommended that the number of folds be between 5 and 10, and if possible, to divide
evenly into the sample size N. Thus, for example, if N = 24, M might be selected to be 6
or 8.

Note: The fold assignments will differ if you change the order of the cases on your
datafile.

5.6.3 STRATIFY:

When using the cross-validation option, COREXxpress assigns cases randomly to each
fold, and if the ‘Stratify’ option is selected, cases in each dependent variable category
will be uniformly distributed (or as close as possible to uniform) among each fold.

Note that after estimating CCR.Im, CORExpress automatically removes the checkmark
from the Stratify CV option, which is not applicable to model types CCR.Im or PLS.
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5.6.4 RANDOMIZATION SEED:

By default, when the Cross-Validation box is checked, the program will divide the cases
into folds using the default random seed (09302010). Changing the seed alters the fold
assignments.

5.6.5 FOLD VARIABLE:

Use the ‘Fold Variable‘ option to determine fold assignments based on a ‘fold’ variable
that you already have on your data file. Otherwise, CORExpress will automatically
generate a fold variable, which can be seen on the datafile viewer (scroll to the right) by
double clicking on the dataset from the Projects window. A fold variable contains
positive integer values 1, 2, ..., M where M = # folds.

5.7 Screen

| Screen

lse Screening

-

# Comp. 1: 10 [5{# Comp. 2! 10 =

Figure 5-10: Screen Options

You can select the number of non-zero loadings for component #1 (C1), and also set an upper
limit on the number of non-zero loadings for component 2 (C2). For example, if C1=5 and C2=4,
component 1 will have 5 non-zero loadings and component 2 will have between 5 and 9 non-zero
loadings. The 5 predictors that have non-zero loadings on component 1 will also always be
allowed to have non-zero loadings on component 2 along with the 4 predictors having the largest
magnitude for the component 2 loadings. (In the rare case that these 4 predictors are among the 5
with non-zero loadings on component 1, the total number of predictors with non-zero loadings
on component 2 will only be 4).

5.8 Estimate the Model

Once you have specified your model, to estimate the model you may:
» Click ‘Estimate’ (located at the bottom of the Model Control window)

Eskirnate

Figure 5-11: Model Estimator Button
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If you opened a previously saved .spp file, you must click ‘Estimate’ and re-estimate the
model(s) in order to view any previously saved Plot output.

5.8.1 CANCELING MODEL ESTIMATION

Add CCR Model

Cancel Estimation

Figure 5-12: Model Menu

You can cancel model estimation once it has begun estimating. Once estimation has been
canceled, you can edit the model specifications and estimate a new model. Note that once an
estimation is canceled, it cannot be resumed from the cancelation point—the estimation must
restart from the beginning.

Once the model estimation has begun,

» To cancel the estimation procedure, click ‘Model’ from the Tool Bar and then click
‘Cancel Estimation’.

Restarting Model Estimation

» To restart model estimation, click ‘Estimate’.

5.9 Model and Output Management

Opening a New Model

After clicking ‘CREATE NEW MODEL’, CORExpress automatically generates a new
‘CREATE NEW MODEL’ option in the Projects window (it will be directly below the last
specified model for a data file).

To setup a new model,
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> Double click on ‘CREATE NEW MODEL’ in the Projects window under the datafile

Model setup options will appear in the Model Control window for the new model.

OR..

» Click ‘Model’ from the menu options
» Click ‘Add CCR Model’

Model setup options will appear in the Model Control window for the new model.

CHANGING MODEL NAMES
To customize the name for your model:

> Right click the model name (for example, ‘CCR 1°) in the Projects window
» Click ‘Rename’ from the new option menu

» Type the desired model name

» Hit ‘Enter’ on your keyboard

Model names can be edited before or after the model is estimated. The new model name will
now appear at the top of the associated Model Output window, Model Control window, and
plots.

DELETING MODELS
To delete a previously estimated model:

> Right click the model name (for example, ‘CCR 1°) in the Projects window
> Click ‘Remove’ from the new option menu

DELETING PROJECTS
To delete a project and all associated models and output:

> Double click on the desired data file name (or associated models) in the Projects window to
activate the project

> Click ‘File’ - “Close Project’

> You will be prompted to close the project. Click “Yes’ to close the project or ‘No’ to return
to the project.
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DErFINING A NEW MODEL

Once you have estimated at least one model, there are several ways to specify a new model on
the same data file.

For any previously estimated model, double click on the model name (e.g. CCR1...CCR2, etc.)
from the Projects window to make the model active. The Model Control window will now show
model options for the active model. You can change any model settings in the Model Control
window and click ‘Estimate’ to re-estimate the model based on the new model settings.

6 Model Output and Plots

6.1 Output Created

When the Cross-validation Option and the Step-down Options are used, depending upon the
model specified, a CV-ACC/CV-AUC (cross-validated accuracy and Area Under the ROC
Curve), CV-R?, or CV-AUC Plot is generated and opened in a new window.

6.1.1 CROSS-VALIDATION PREDICTOR GRAPHS

For model types CCR.lda and CCR.logistic, the CV-Predictor graphs plots CV-AUC and CV-
ACC based on the specified K-component model as a function of the number of predictors P
ranging from the specified ‘Max # Predictors‘ down to the specified ‘Min # Predictors‘ (See
Section 5.3 for Step-down Option details).
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Figure 6-1: CV-AUC/ACC Plot
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For model types CCR.Im and CCR.pls, the CV-R? graph corresponds to the cross-validation
R? based on the specified K-component model as a function of the number of predictors P
ranging from the specified ‘Max # Predictors® down to the specified ‘Min # Predictors® (See
Section 5.3 for Step-down Option details).
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Figure 6-2: CV-R? Plot

For model type CCR.surv, the CV-AUC graph corresponds to the cross-validation AUC based
on the specified K-component model as a function of the number of predictors P ranging from
the specified ‘Max # Predictors‘ down to the specified ‘Min # Predictors* (See Section 5.3 for
Step-down Option details).
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Figure 6-3: AUC Plot

6.1.2 INTERACTIVE SCATTER PLOT AND ROC CURVE

For model types CCR.lda, CCR.logistic, and CCR-surv, two interactive plots are available --
one for the training subgroup, the other for the validation subgroup.
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Figure 6-4: Training Dataset ROC & Scatter Plot

Each point on the red ROC curve corresponds to a particular logit cut-point depicted by a
horizontal reference line in the associated scatter plot. By default, the cut-point = 0, the predicted
logit of zero corresponding to a predicted probability of .5. Cases above the cut-point (above the
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horizontal equal-probability reference line in the scatter plot) are predicted to be in group 1
(category 1 of the dependent variable), those below the cut-point being predicted to be in group
2.

The specific point on the red ROC curve corresponding to this horizontal reference line is
identified at the intersection of the dotted lines. The blue dotted lines define the sensitivity and 1-
specificity for the given cut-point.

The slider, located in the Model Control window beneath the Cutpoint box can be used to see
how the sensitivity and specificity changes with different cut-points. To change the cut-point:

» Position the curser on the slider, left-click and move it to the right to raise the reference
line to a higher cut-point or to the left to lower the reference line to a lower cut-point.
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6.1.3 MODEL SUMMARY OUTPUT
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Figure 6-5: Model Summary Output

1. Type of Model and Date Estimated

This section of the output states the type of model specified (CCR.Im, CCR.Ida, etc.) and the
date that it was estimated.

2. Dataset Used

This section of the output includes the name of the dataset used to estimate the model. It may
also include the directory path where the dataset is stored on your computer.
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3. Dependent Variable

Shows the dependent variable used for estimation of the model.
4. Optional Weight Variable

If a case weight is used, that variable is listed here.

5. Optional Case ID

If a case ID is used, that variable is listed here.

6. # Predictors (P) Included in Model

The number of predictors in the final model will be shown in parenthesis. A list of the names of
the final predictors in the model is shown to the right of the # predictors.

7. Optional Subgroup for Training Data

If a training subgroup is defined, the criteria used to define it are shown here. If a validation
subgroup is defined, the criteria used to define it are shown here.

8. # Components (K) Used
9. # Cases in Training Sample & Validation Sample (if VValidation subgroup is defined)

10. R?, AUC, and ACC for Training Sample and Optionally for Validation & Cross
Validation

If a subgroup of cases is specified to be used as the training sample (see Section 5.5.) these
output statistics are also displayed for the validation subgroup in a column labeled ‘Validation’.

If the ‘Cross Validation” option is used, additional output is displayed in a column labeled
‘Cross-Validation’.

For model types CCR.Im and PLS, if the ‘NMSE’ box is checked, normed mean squared error
(NMSE) is reported in addition to R*>. NMSE is defined as the Mean Squared Error (MSE)
divided by the variance of the dependent variable. For the NMSE reported in the ‘Validation’
column, the variance of the dependent variable is computed based on the validation sample. For
the NMSE reported in the ‘Training’ and ‘Cross-validation’ columns, the variance of the
dependent variable is computed based on the training sample.

The CV- R? reported in the model summary output is the average of the CV-R?(P*.r) across the
rounds. For round r, the OPTIMAL NUMBER OF PREDICTORS P*.r, is determined for that
round, and an average is computed of these CV- R%(P*.r). Thus, the CV-R?listed among the fit
statistics at the top is always at least as large as the one shown in the Cross-Validated Step-down
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table associated with P* predictors, which is the one used to select the number of predictors to
display in the output.

Std. Error for Cross-validated R?, AUC, and ACC

If more than one round is specified in a Cross Validation, the standard error is reported to the
right of the associated output statistics.

Note: For model type PLS.std, the predictors are standardized to have variance 1. In this case, if
Cross Validation is performed, during the cross-validation procedure, the predictors are re-
standardized within each fold subgroup.

11. Component Weights

The predicted value for Y can be computed as a linear function of the components where these
weights are applied to the components. For example,

Y hat = 0.698551 + 1.1453 * CC1 + 0.5 * CC2 (1)

See Section 8 for detailed definitions of the components and component weights.
12. Predictor Loadings

Unstandardized loadings are used to compute the components. For example, from the CCR.Im
model output shown in Figure 6-5 (see above) is:

CC1=5.8258 * RP5 + 2.3412 * extra6 (2.1)

CC2 = -1.0485 * RP5 + 0.4214 * extrab (2.2)

For CCR.lda and CCR.logistic, CC1 and CC2 are in logit units.

See Section 8 for detailed definitions of the relationships between the predictors and
components, as quantified by the predictor loadings.

13. Unstandardized Regression Coefficients

Unstandardized regression coefficients are used to predict the dependent variable Y. For
example, from the CCR.Im model output shown in Figure 6-5 (see above),
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using (2.1) and (2.2) to substitute for CC1 and CC2 in (1), we obtain:

Y hat = 0.698551 + 6.1482 * RP5 + 2.8922 * extra6 3)

where 6.1482 = 1.1453 * 5.8258 + 0.5 * (-1.0485)

and 2.8922 =1.1453 * 2.3412 * +0.5 * 0.4214 as shown in Equation A.4 (see Section 8)
for CCR.Ida and CCR.logistic, predictions are for logit(Y).

For PLS.std, predictors are standardized by dividing by their standard deviation. The
unstandardized regression coefficients reported are for the standardized predictors.

14. Standardized Regression Coefficients

Standardized regression coefficients are used to assess the importance of the predictors,
predictors with the highest magnitude being the most important. Each standardized regression
coefficient equals the corresponding unstandardized coefficient multiplied by the ratio
std(Xg)/std(Y), where ‘std’ denotes standard deviation. For further details, see Section 8.

For PLS.std, predictors are standardized by dividing by their standard deviation, so that std(Xg) =
1 for each predictor g =1,2,...,P. The standardized regression coefficient in this case equals the
corresponding unstandardized coefficient reported divided by std(Y).

6.1.4 CROSS-VALIDATED COMPONENT TABLE

Optional output produced when ‘Automatic’ option is used with the specification of a maximum
number of components (see Section 5.4.1).
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Figure 6-6: Cross-Validated Component Table

1. Number of Components (Column 1)
2. CV-R? (Column 2)

3. Standard Error of CV-R? (Column 3): Optional output produced when R>1 rounds of M-
folds are requested.
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6.1.5 CROSS-VALIDATED STEP-DOWN TABLE

Optional output produced when ‘Step-down’ option is used with the specification of a maximum
number of components (see Section 5.4.1).

[I-

C-R-3q CW-R-5q Correct Wiay -@
Copy
—

\Eruss—'lll'alidated Step- Duwp_)H A

# Predictors B2 Accuracy
20 0.1523 0.0304 0.6955 0.0296 0.6EED 0.0423
19 0.1507 0.0282 0.6924 00224 06720 0.0355
13 0.1481 00272 0.6872 0.0269 06620 0.0257
17 0.1292 00320 0.6854 00326 064D 0,0295
16 0.1333 0.0344 06812 0.0329 06580 0.0371
15 0.1231 0.0301 06748 00358 06560 0.0450
14 0.1137 0.0329 0.6638 0.0200 06520 0.0270
13 00,1021 00259 06617 0.0217 0440 0,0210
12 0.1003 00253 06628 0.0309 06460 0.0267
11 0.1024 0.0230 0.66<49 00292 06320 0.0329
10 0.1015% 00232 0.6610 0.0329 06360 0.015%
90,1020 00257 0.6EEE 00416 0200 0.0202
4 0.095F 0.0258 0.6630 0.0513 06140 0.0327
7010688 00323 06682 0.0470 06120 0.0368
3
E

m

0,1332 0.0373 06872 0.0494 0E200 0.0432
01536 00346 0,7123 0.0358 06340 00550
4 0.1879 0.04158 0.728F 0.0395 0E560 0.0506
30,1992 00322 0.,7192 0.0200 06400 00532
2 0299 00220 0.7633 0.0213 0ERED 0.0333
1 02834 00181 07200 00070 0E740 00212

Figure 6-7: Cross-Validated Step-Down Table

1. Number of Predictors

2. R? and Standard Error: Standard Error is optional output produced when R>1 rounds of M-
folds are requested.
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CV-R(P) = Avg(r) CV-R%(P)

CV-RA(P*.r) = Avg(r) Max[P] CV-R%(P)

The 2 CV-R? statistics measure different things.

The CV- R? reported in the Cross-validated Step-down table, called CV-R? (P), is the average
CV- R*(P) across all rounds, for models containing that number of predictors P.

The CV- R? reported in the model summary output is the average of the CV- R*(P*.r) across the
rounds. For round r, the optimal number of predictors P*.r, is determined for that round, and an
average is computed of these CV- R3(P*.r). Thus, the CV-R?in the model fit statistics output
displayed at the top is always at least as large as the one in the Cross-validation Step-down table
displayed at the bottom, and is the one used by default to select the number of predictors.

3. AUC and Standard Error: Standard Error is optional output produced when R>1 rounds of
M-folds are requested.

4. Accuracy and Standard Error: Standard Error is optional output produced when R>1
rounds of M-folds are requested.
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6.1.6 CROSS-VALIDATION PREDICTOR TABLE

2 3
r !
[T cv-Rsq: CW-R-sq Correct Wa = =R
Capy
= s
1 Predictor\Table A -
Predictor All 1 2 2 4 5 & 7 & 910
(Rps 100 10 10 10 10 10 10 10 10 10 10
extrab ¥ OEEE 000 4 6 B E
<extra‘3 112z 2000 1131
extra? T0 110003 20 2
extrazd g 101000 2 112
\_extrazt T2 L0000 000 00
4 | ——— [ Total 170 20 20 20 10 10 10 20 20 20 20 |
[ Predictars z 22111z 2z z |
5 | —
6 Pracessing time: 4,479 seconds

Figure 6-8: Cross-Validated Predictor Table

1. Predictors

2. Total for Each Predictor: The number of times the predictor is selected in a model where 1
of the M-folds is eliminated (maximum = M).

3.Round#:r=1,2,...,R
4. Total: Sum of the totals for a given round (=M * P))
5. Optimal # of Predictors Selected in Each Round (Py)

6. Processing Time
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Cross-Validated Step-Down

Renaming, Copying, and Deleting Models and their Associated Output/Plots

Right clicking on a model directly below the project/dataset in the Project window provides the
following options:

‘Rename’
Allows you to rename the model.

‘Copy’
Click to copy the model settings and create a new model at the end of the list of models
below the project/dataset.

‘Remove’
Deletes the model and all associated model settings & plots.

6.2 Plots

A wide range of traditional plot options are available. To see these, double click ‘CREATE
NEW PLOT’ from the Project window. Alternatively, click on Plot from the Menu Bar at the top
and select the desired plot. Once you select your desired plot, the Plot Control window will
appear on the right-hand side of the program in place of the Model Control window.
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Figure 6-9: Create New Plot Options

In particular:

Select the Scatter Plot option to construct additional scatter plots for the training data only, for
the validation data only, for any selected subgroup of the data, or plots for each of the above.

Select the Box Plot to compare the distribution side by side for the 2 dependent variable groups.
Select the Multivariate Box Plot to compare the distributions of 2 or more variables.

Select the Histogram option to examine the distribution for any variable on the file, within any
selected subgroup of cases.

Select the ROC plot option to customize a new ROC plot.
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6.2.1 SCATTERPLOT

To add a Scatter Plot, from the menu bar click ‘Model’=> Add Scatter Plot. On the right-hand

side of the application, the Scatter Plot Control window will appear with options to specify a
scatter plot.

Scatker Plak 1 q X
[ Yariables ] I
xi [SP1(9970) -

v | D97 (9979) - |

[ Markers ]
Shape: | O -

Sizer 3 %

War: [-::ru:nne::- v]

[ Labels ]
nogP1

Wi CD97

Title:

[ Gridlines

Shows ¥ Gridlines
Show ¥ Gridlines

[ Subset
| validation = «|a
[-::seleu:t::- v][: v] 0
[ |Ipdate

Figure 6-10: Scatter Plot Control Window
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Variables: Specify the X- and Y-axis variables to be plotted. All changes will be updated
automatically.

Markers: You can change the color, shape, and size of the markers plotted. Using the ‘Var:’
drop down menu, you can specify a variable to distinguish the markers in the plot. All changes
will be updated automatically.

Labels: You can edit the labels for the X- and Y-axis. You can also include a title for the plot.
All changes will be updated automatically.

Gridlines: Uncheck the option boxes to hide the X or Y gridlines.

Subgroup: You can choose to only show a subgroup of your data in the plot. By default, if
subgroup is specified, all cases on the dataset will be shown in the plot. If a subgroup is
specified, only these cases will be shown in the plot.

> In the Scatter Plot Control window, click on ‘Subgroup’ and options will appear for
selecting a subgroup.

» Click on the ‘<select>* drop down menu and specify a variable to be used to select
the subsample.

» Click on the ‘=* drop down drop down menu choose from the following operators:

= (equal to)

~= (not equal to)

< (less than)

> (greater than)

<= (less than or equal to)

>= (greater than or equal to)

» Click in the Subgroup numeric box and specify number to be used to specify the
subgroup.

» You can use multiple variables to specify the training subsample. To use additional
variables, click on ‘<select>¢ in the 2™ row and continue to specify the subsample

Update: After specifying a subgroup, click ‘Update’ to view the changes in the plot.
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6.2.2 BoxPLOT

To add a Box Plot, from the menu bar click ‘Model’-> Add Box Plot. On the right-hand side of
the application, the Box Plot Control window will appear with options to specify a box plot.

Biox Plok 1 B X
[ Yariables ] i
% |validation (2) -
v: | D97 (9979) x|
[ Markers ]

Sizer 3 =

@ Outliers 0 al ) None
Labels

#i o validation

Wi D97

Title:

Figure 6-11: Box Plot Control Window

Variables: Specify the X- and Y-axis variables to be plotted. All changes will be updated
automatically.

Markers: You can change the color, shape, and size of the markers plotted. Using the ‘Var:’
drop down menu, you can specify a variable to distinguish the markers in the plot. All changes
will be updated automatically.

Labels: You can edit the labels for the X- and Y-axis. You can also include a title for the plot.
All changes will be updated automatically.
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6.2.3 MULTIVARIATE BOX PLOT

To add a Multivariate Box Plot, from the menu bar click ‘Model’=> Add Multivariate Box Plot.

On the right-hand side of the application, the Multivariate Box Plot Control window will appear
with options to specify a box plot.
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Figure 6-12: Multivariate Box Plot Control Window
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Variables: To select a variable, check the box next to the variable name. All changes will be
updated automatically.

Markers: You can change the color, shape, and size of the markers plotted. Using the ‘Var:’
drop down menu, you can specify a variable to distinguish the markers in the plot. All changes
will be updated automatically.

Labels: You can edit the labels for the X- and Y-axis. You can also include a title for the plot.
All changes will be updated automatically.

6.2.4 HISTOGRAM

To add a Histogram, from the menu bar click ‘Model’> Add Histogram. On the right-hand side
of the application, the Histogram Control window will appear with options to specify a
histogram.

Histogram 1 q X
l Yariable I i
|5P1 (9970) - |

l Eirs I

# Bins: 10 i
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X 5Pl

¥ Counk

Title:

Figure 6-13: Histogram Control Window

Variable: Use the drop down menu to select the variable to be shown in the histogram. All
changes will be updated automatically.

Bins: In the ‘# Bins’ numeric box, you can specify the number of bins. All changes will be
updated automatically.
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Labels: You can edit the labels for the X- and Y-axis. You can also include a title for the
histogram. All changes will be updated automatically.

6.25 ROCPLOT

To add a ROC Plot, from the menu bar click ‘Model’> Add ROC Plot. On the right-hand side of
the application, the ROC Plot Control window will appear with options to specify a ROC Plot.
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Figure 6-14: ROC Control Window

Variables
Dependent: Use the drop down menu to select the dependent variable.
Score: Use the drop down menu to select the score variable.

All changes will be updated automatically.
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Cutpoint

Sliding Cutpoint Bar: Position the curser on the slider, left-click and move it to the right
to raise the reference line to a higher cut-point or to the left to lower the reference line to
a lower cut-point.

Cut Point: By default, the cut point will be 0. You can type a specific cut point in the
‘Cut Point” numeric box.

Sensitivity: The sensitivity (correct classification rate for dependent variable group 1)
numeric box cannot be edited. The sensitivity will automatically update as the cut point is
changed.

Specificity: The specificity (correct classification rate for dependent variable group 2)
numeric box cannot be edited. The specificity will automatically update as the cut point is
changed.

Misclassif. Err.: The misclassification error equals 1 - overall correct classification rate.
The numeric box cannot be edited. The misclassification error will automatically update
as the cut point is changed.

Display on plot (checkbox): Not yet operational.

Scatter Plot
Show Scatter Plot (checkbox): Check the box to show a corresponding scatter plot.
X: Use the drop down menu to specify the X-axis variable for the scatter plot.

Scatter Plot Options...: Click to view the scatter plot options. See description of Scatter
Plot above for more details.
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Figure 6-15: Scatter Plot Options

For Scatter Plot Options details, see Scatter Plot description above.

Subgroup: You can choose to only show a subgroup of your data in the plot. By default, if
subgroup is specified, all cases on the dataset will be shown in the plot. If a subgroup is
specified, only these cases will be shown in the plot.
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» In the Scatter Plot Control window, click on ‘Subgroup’ and options will appear for
selecting a subgroup.

» Click on the ‘<select>* drop down menu and specify a variable to be used to select
the subsample.

» Click on the ‘= drop down drop down menu choose from the following operators:

= = (equal to)

~= (not equal to)

< (less than)

> (greater than)

<= (less than or equal to)

>= (greater than or equal to)

» Click in the Subgroup numeric box and specify number to be used to specify the
subgroup.

» You can use multiple variables to specify the training subsample. To use additional
variables, click on ‘<select>* in the 2" row and continue to specify the subsample

Update: After specifying a subgroup, click ‘Update’ to view the changes in the plot.

Labels: You can edit the labels for the X- and Y-axis. You can also include a title for the plot.
All changes will be updated automatically.

Options:

Invert (checkbox): Check the box to invert the ROC curve.

7 Generating Predictions

The dataset view was described earlier in Section 3.4. Following model estimation, the
predictions for the dependent variable can be appended to the dataset window as follows:

If the dataset window is currently open, close it. Then, reopen it by double clicking on the
datafile name in the Projects window. Predictions now appear as additional variables, for both
the training and validation cases. Predictions for the validation cases are based on the
coefficients reported in the Model Summary Output window, which are based on the training
cases.

For example, the prediction of the dependent variable Y obtained from the CCR.Im model for
which the output is shown in Figure 7-1 (see below) is:

Y hat = 0.698551 + 6.1482 * RP5 + 2.8922 + extrab
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# CCR.Im: 2
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Fit

Training Validation Cross-¥alidation
B2 0.4509 0.1416 02055 10,0195
AUC 02052 06698 07747 10,0175
ACCUracy 0.E200 0.E177 0.EE40 10,0324

Coefficients
1.1453  0.5000

Predictors Coefficient CC1 CC2
RPE E.1432 G5.3258 -1.0485
extrab 28922 23412 04214

[Constant] 0695551
Std. Coefficients

2668 0.2345
Predictors Std.Coefficient CC1 CC2
F.PE 22614 08272 -0.8222
extrab 1.1865  0.3F02 03686

Figure 7-1: Model Output Summary

8 Summary of Correlated Component Regression (CCR)

The regression procedures available in the Correlated Component Regression (CCR) module
produce reliable predictions from data with P correlated explanatory (X) variables, where
multicollinearity may exist and P can be greater than the sample size N. The procedures are
based on Generalized Linear Models (GLM). As an option, the CCR step-down variable
selection option may be activated to exclude irrelevant Xs.

The linear part of the model is a weighted average of K components S = (S;, Sy, ..., Sk) where
each component itself is a linear combination of the predictors. When the dependent variable Y
is continuous, these procedures provide a reliable alternative to traditional linear regression
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methods, where components may be correlated (CCR-LM procedure), or restricted to be
uncorrelated with component weights obtained by PLS regression techniques (CCR-PLS). For Y
dichotomous, these procedures produce a reliable alternative to Logistic regression (CCR-
Logistic) and linear discriminant analysis (CCR-LDA).

Traditional maximum likelihood regression methods, which employ no regularization at all, can
be obtained as a special case of these models when K=P (the saturated model). Regularization,
inherent in the CCR procedures, reduces the variance (instability) of prediction and also lowers
the mean squared error of prediction when the predictors have moderate to high correlation. The
smaller the value for K, the more regularization is applied. Typically, K will be less than 10
(quite often K = 2, 3 or 4) regardless of P. M-fold cross-validation techniques are available to
determine the amount of regularization to apply.

When the CCR step-down option is activated with M-fold cross-validation, the optimal number
of predictors, P*, will also be determined. Output includes a table of predictor counts, reporting
the number of times each predictor is included in the final model. This can be used as an
alternative measure of variable importance (Tenenhaus, 2010), as a supplement to the
standardized regression coefficients. Additional options can limit the number of predictors to be
included in the model.

The 4 regression procedures in the XLSTAT-CCR module differ according to the assumptions
made about the scale type of the dependent variable Y (continuous vs. dichotomous), and the
distributions (if any) assumed about the predictors.

Linear regression (CCR-LM, PLS)

Predictions for the dependent variable Y based on the linear regression model are obtained as
follows:

Y =S(S'DS) 'S ' DY (A.1)
where D is a diagonal matrix with case weights as the diagonal entries.

With K=2 components we have:
Y =a+b,S,+b,,S, (A2)

where b1, and by ; are the component weights, the components being given by:

P P
Sl:zﬂ‘g-lxg and 8, =2 Ay X,
g=1 g=1
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and Aq1 and Ay, are component coefficients (loadings) for the gth predictor on components S;
and S, respectively.

The component weights and loadings are obtained from traditional OLS regression. By
substitution we get the reduced form expression:

p
Y=a+ Z (bl.Zﬂg.l + b2.1ﬂ’g.2) X g (A.3)
g=1
where
ﬁg - bl.z/lg.l + b2.12”g.2 (A.4)

is the (regularized) regression coefficient for predictor Xg.

Regardless which linear regression model (CCR-LM, or PLS) is used to generate the predictions,
when the number of components K equals the number of predictors P, the results are identical to
those obtained from traditional least squares (OLS and WLS) regression. Traditional least
squares regression produces unbiased predictions, but such predictions may have large variance
and hence higher mean squared error than regularized solutions (K < P). Thus, predictions
obtained from the CCR module are typically more reliable than those obtained from a traditional
regression model.

Procedures CCR-LM and PLS assume that the dependent variable Y is continuous:

e CCR-LMis invariant to standardization and also allows the components to be correlated
(recommended)

e PLS produces different results depending upon whether or not the predictors are standardized
02 KI @S OFNAIFIyYyOS wmod AleS R SFidkt 20y> AGaK S+ Q ([ A{ @ H4iaSIR @ R

Logistic Regression (CCR-Logistic) and Linear Discriminant Analysis (CCR-LDA)

Logistic regression is the standard regression approach for analyzing a dichotomous dependent
variable. Both Linear and Logistic regression are GLM (Generalized Linear Models) in that a
linear combination of the explanatory variables (‘linear predictor’) is used to predict a function
of the dependent variable. In the case of linear regression, the mean of Y is predicted as a linear
function of the X variables. For logistic regression, the logit of Y is predicted as a linear function
of X.
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Logit(Y)=a+b,,S, +b,,S,

which in reduced form yields:
P

Logit(Y) =a+ Z(bl.zﬂg.l +b2.l/1g.2)xg
g=1

Logit(Y), defined as the natural logarithm of the probability of being in category 1 of Y divided
by the probability of being in category 2 of Y, can easily be transformed to yield the probability
of being in either category. For example, the conditional probability of being in group 1 can be
expressed as:

Prob(Y=1|X) = Exp[Logit(Y|X)] / [1 + Exp[Logit(Y|X)]

Thus, the logistic regression model is a model for predicting the probability of being in a
particular group. Linear Discriminant Analysis is another model used commonly to obtain
predicted probabilities for a dichotomous Y:

e CCR-LDA assumes that the X variables follow a multivariate normal distribution within each Y
group, with different group means but common variances and covariances.

e CCR-Logistic makes no distributional assumptions.

Depending upon which method is selected, CCR-LM, CCR-LDA, or CCR-Logistic, in the case
where P < N, setting K = P yields the corresponding (saturated) regression models:

Module CCR-LM (or PLS) is equivalent to OLS regression (forK=P)
Module CCR-Logistic yields Logistic regression (for K=P)
Module CCR-LDA Yyields Linear Discriminant Analysis (for K=P)
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9 Tutorials

9.1 Tutorial 1: Getting Started with Correlated Component
Regression (CCR) in COREXxpress®

Dataset for running CCR Linear Regression (CCR.Im)

This tutorial is based on data provided by Michel Tenenhaus and used in Magidson (2011),
‘Correlated Component Regression: A Sparse Alternative to PLS Regression’, 5th ESSEC-
SUPELEC Statistical Workshop on PLS (Partial Least Squares) Developments.

The data consists of N=24 car models, the dependent variable PRICE = price of a car, and 6
explanatory variables (predictors), each of which has a positive correlation with PRICE

Explanatory Variable Correlation with PRICE
CYLINDER (engine measured in cubic centimeters) .85

POWER (horsepower) .89

SPEED (top speed in kilometers/hour) 72

WEIGHT (kilograms) .81

LENGTH (centimeters) .75

WIDTH (centimeters) .61

Table 1.

but each predictor also has a moderate correlation with the other predictor variables

Predictor CYLINDER| POWER | SPEED | WEIGHT |LENGTH
CYLINDER 1

POWER .86 1

SPEED 69 .89 1

\WEIGHT .90 75 49 1
LENGTH .86 .69 .53 .92 1
\WIDTH 71 .55 .36 .79 .86
Table 2.

A SPSS (.sav) file of the dataset used in this tutorial can be downloaded by clicking here.
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Goal of CCR for this example

CCR will apply the proper amount of regularization to reduce confounding effects of high
predictor correlation, thus allowing us to obtain more interpretable regression coefficients, better
predictions, and include more significant predictors in a model than traditional OLS regression.

As shown in Table 3 below, traditional OLS regression yields large standard errors and
unrealistic negative coefficient estimates for the predictors CYLINDER, SPEED, and WIDTH.

Unstandardized Standardized
oLS Coefficients Coefficients
Regression

B Std. Error Beta t Sig.
(Constant) | 12070.41| 194786.56 .06 .95
CYLINDER -1.94 33.62 -.02 -.06 .95
POWER 1315.91 613.51 .89 2.14 .05
SPEED -472.51 740.32 -.21 -.64 .53
WEIGHT 45.92 100.05 .18 .46 .65
LENGTH 209.65 504.15 15 42 .68
WIDTH -505.43 1501.59 -.07 -.34 T4

Table 3: Results from traditional OLS regression: CV-R* = 0.63

Moreover, POWER is the only predictor that achieves statistical significance (p=.05) according
to the traditional t-test.

CCR’s Cross-Validation Component (CV-R?) Plot shows that substantial decay in the cross-
validated R? occurs for K>2. Thus, a substantial amount of regularization is required (K<3) to
obtain a reliable result. Since OLS regression applies no regularization at all (K=6), this plot
indicates that the CCR model (with K=2) should predict PRICE better than traditional OLS
regression when applied out-of-sample to new data (results based on all 6 predictors: CV- R? =
.75 for CCR vs. CV- R? = .63 for OLS regression).

65



Copyright © 2011 by Statistical Innovations Inc. All rights reserved. (version: 11/15/2011)

=

] autoprix : CCR - | (S |-

autoprix : CCR

0.75

0.74

0.73 \,‘1

|| 0.72 "‘
0.7 1\

0.7

0.65 “"
| \
\

R-square

0.68

0.67

0.66 \

0.65 \
" \ i

0.64

oo T

# Components

L

Fig. 1. Cross-Validation Component (CV-R?) Plot

Also, in contrast to OLS regression which yields some negative coefficient estimates, CCR
yields more reasonable positive coefficients for all 6 predictors as shown below.

Predictor B Beta
CYLINDER 20.9 0.19
POWER 545.5 0.37
SPEED 445.7 0.20
WEIGHT 43.4 0.17
LENGTH 32.6 0.02
WIDTH 343.6 0.05
(Constant) | -177941

Table 4. CCR solution with K=2 components.
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Part A of this tutorial shows how to use COREXxpress to obtain these results. Part B shows how
to activate the CCR step-down procedure to eliminate extraneous predictors and obtain even
better results as indicated in the following table.

CV-R?’= | 0.77

Predictor B Beta

POWER 673.3 0.45
SPEED 222.9 0.10
WEIGHT 110.9 0.44

[Constant] | -115044
Table 5. Results from CCR with step-down algorithm
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Part A: Setting up a Correlated Component Regression

Opening the Data File

For this example, the data file is in SPSS system file format.

To open the file, from the menus choose:
» Click File > Load Dataset...

» Select ‘autoprice.sav’ and click Open to load the dataset

1
Edit ‘iew Plot Model Help

Mews Project Ctrl+M g X Control B x

Load Dataset...

Load Project...
Sawve Project s,

Close Project

Close &l Projects

Exit

Data g X

Fig. 2: File Menu
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P o

X Dpen data set @
@Dv| % Tutorials » Key Driver - | 3y | | Search P |

‘ Organize = : iews = [ Mew Folder

Favorite Links Marme Date r‘nDdTifiEd

aautuprice.sav 87572011 8:42 AM
Documents

=

Dropbox
Recently Changed
Music

Pictures

Public

Searches

I BEMBE

Recent Places

[

!

More »

Folders A m | b

File name:  autoprice. sav - [Datasets [*.dat *.sav] v]

[ Open ] [ Cancel ]

Fig. 3: Loading a Dataset

You will now see the ‘autoprice’ dataset loaded in the ‘Projects’ Window on the left. In the
middle (currently a dark gray box) is the workspace which will eventually show ‘Model Output’
windows once we have estimated CCR models. On the right is the ‘Model Control’” window,
where models can be specified and graphs can be updated. The ‘Data’ Window on the bottom
shows various data from the dataset.
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Eile  Edit  Miew Plot  Model Help
|Pru:ujeu:ts I X

4 ‘.‘ autoprice
CREATE MNEW MODEL
CREATE MNEW PLOT

Contral g X |

Model Control Window

Projects Window

Data g X

Data Window

Status Bar Window

Fig. 4. CORExpress Windows

You can view the complete dataset in a new window by double clicking on ‘autoprice’ in the
Projects window. After estimating a model, the predicted scores will automatically be added to
the file (and if any cases were not used to estimate the model -- validation cases — they would
also be scored).
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[ =

X autoprice.saw El@

(8] RACDEL PRICE CY¥LIMDER POWER SPEED “WWEIGHT LEMGTH WIDTH =

1 1 honda civic 23700 1396 90 174 8230 369 166

2 2 ....... renault 19 g3g00 1721 92 130 965 415 169 |

3 3 fiattipo F0100 1580 83 170 970 395 170 F

4 4 peugect 405 119300 1764 40 130 1080 440 169

5 5% renaultil 113400 2068 a8 180 1135 446 170

6 6 citroen bx 106600 1763 90 182 1060 424 168

77 browe 5300 226600 2986 138 226 1510 472 173

808 rowver 3270 175000 2675 177 222 1345 469 175

9 3 renault 207200 2548 182 226 1350 4711 180

10 10 opel omega 118350 19498 122 130 1255 473 177

44 a4 L inrs TRELTAPELY. anr Y 44mn amn TR b

Fig. 5: COREXxpress Dataset View

Step 1: Determining the Optimal Number of Components

Selecting the Type of Model:
> Double click on ‘CREATE NEW MODEL’ in the Workspace window under
‘autoprice’

Model setup options will appear in the Control window.
Selecting the Dependent Variable:

> In the Control window below ‘Dependent’, click on the drop down menu and select
‘PRICE’ as the dependent variable.

The prices are the *Ys’ of the model as we want to predict these prices as a linear function of the
other car attributes.

Selecting the Predictors:
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> In the Control window below ‘Predictors’, click and hold on ‘CYLINDER’ and move
the cursor down to “WIDTH?’ to highlight all 6 predictors. Click on the box next to
‘WIDTH? to select all 6 predictors.

Alternatively, you can open a Predictors Window to select the predictors:
> In the Control window below the ‘Predictors’ section, click the “...” button.
» The Predictors Window will open.
» Click and hold on ‘CYLINDER’ and move the cursor down to “WIDTH? to highlight
all 6 predictors in the left box.
» Click on the “>>° box in the middle to select all 6 predictors and move them to the
right box as candidate predictors.

& | Predictars @
I CYLIMDER.
PRICE POMYER
SPEED
WEIGHT
LEMGTH
MIDTH

=

]

Lexical Order Ia's ] | Cancel

Fig. 6: Predictor Window

To obtain the OLS regression solution, fix the number of components at 6, so it equals the
number of predictors.

Selecting the Number of Components:

» Under Options, click in the box to the right of ‘# Components’, delete ‘4’, and type
469

Selecting the Model Type:
» Click on ‘CCR.Im’ to select a CCR linear regression model
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Selecting the Case ID:

» Click on the Case ID drop down menu and select ‘1D’ to select the name of the car

models as case ids.

Your Control window should now look like this:

Eile  Edit  Miew Plot  Maodel Help
|Pru:ujects =3 X| [
4 ‘.‘ autoprice

Copy

/L] autoprice :

b [ cera
CREATE MEW MODEL
CREATE MEW PLOT

ZZR not et estimated, Use the ‘Estimate’ bukton on the r

L]

@ CCR.JIm () PLS.std () PLS.unst
() CCRda () CCR.logistic () CCR.sury
Iterations: 4 @ Ridge: 0,001

W'gights; [<n0ne> - ]

Case Id: IID - l
Include Missing MNMSE

| [ Predictors
D -
PRICE [
CHLIMDER
PONVER, -
o]
[ Skep Dawn ]
[ Cpkions ]
# Components: & % Aukamatic

[rata

Fig. 7: Control Window

Estimate the Specified Model:

» Click on the ‘Estimate’ button to estimate the specified model.
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Interpreting CCR Model Output

Following the basic statistics output section, the coefficients (unstandardized and standardized)
are presented. In addition to the standard OLS regression coefficients, the right-most columns of
the output contain loadings for each predictor on each of the K=6 components (CC1, CC2, ...,
CC6) as well as the component weights for the components.

# +
autoprice : CCR 1 =1 [T |

Copy

Coefficients -
0.0059 01238 08035 0E271 04221 0.1E67

Predictors Coefficient CC1 CcCz2 cC3 cC4 CCS CCe

CYLIMDER -1.49361 92,7743 123807 -3.7276 -11.015F 15,1896 E.05ZE

POWER, 13159072 13208041 728.E597 12285278 4729994 -198.6320 1079355

SPEED =472 5088 16420841 239.3236 -B184762 5121331 -367.9256 -119.7352

WEIGHT 45,9232 203.0576 -4,0689 33,3356 -373E02  -3.2158  -GB.GFIE

LEMGTH 2096538 10387758 -GR3.2FF0D G2.0943 2832596 15402883 -EFFES4

WIDTH -E05.4307 458821123 -1915,9397 -191.9087 -29.4423 -343.7298 136 4489

[Constant] 12070
Std. Coefficients

m

00240 00654 0.66FS 03042 0.0784 00066
Predictors Std.Coefficient CC1 CC2 CCF CC4 CCS CCE

CYLIMDER -001F8 02073 00240 -0.0412 -0.2085 07508 1,154

PoiER. 08875 0.217% 09299 09975 0BEFE -0.7213  1.8448

SPEED -0z2072 01758 0.1986 -0.4321 04630 -0.8687F -1.3305

WEIGHT 0,1839 00,1985 -0.0308 04259 -0.23084 -0,0693 -0.5858

LEMGTH 01507 0,1823 -0.7663 00451 04199 05972 -1.2345

WIDTH -00EF3 00,1431 04826 -0.0207 -0.0081 -0.2463 04602 il
q 1 3

Fig. 8. Coefficient estimates obtained from the 6-component (saturated) CCR model

Comparing Figure 8 to Table 3, we see that the results match the OLS regression coefficients.
These coefficients can be decomposed into parts associated with each of the 6 components using
the component weights provided (numbers above CC1, CC2, ..., CC6) and the component
coefficients (loadings) provided below CC1, CC2, ..., CCé6.
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For example, the coefficient -1.9361 for CYLINDER, is decomposed as follows:

-1.94 = .006%(92.774) + .124%(1.381) + .804*(-3.728) + .627*(-11.016) + .422*(15.190) +
.167*(5.053)

Since N is relatively small (N=24) and the correlation between the predictors is fairly high, this
saturated regression model overfits these data. We will now show how to activate the M-fold
cross-validation (CV) option and show that this model is overfit, and that eliminating CCR
components 3-6 provides the proper amount of regularization to produce more reliable results.
To allow CV to assess all possible degrees of regularization, we will estimate all 6 CCR models
(K<6). We do this by activating the Automatic option in the Model Control Window.

The number of folds M is generally taken to be between 5 and 10, so we select M=6, since 6 is
the only integer between 5 and 10 that divides evenly into 24. In the Validation tab we activate
‘Cross-validation’ and request 10 rounds of 6-folds. By requesting more than 1 round, we obtain
a standard error for the CV-RZ.

Activating the Automatic Option:
» Under Options, check the ‘Automatic’ box

Note that activating the ‘Automatic’ option also requests the Cross-Validation Component Plot
to be generated shown earlier in Fig. 1.

Specifying Cross Validation:

In the Model Control Window, click on the ‘Cross Validation’ box and cross
validation options will appear.

Click on the ‘Use Cross Validation’ box to enable the cross validation feature.
In the ‘# Rounds:’ box, type ‘10’

In the “# Folds:” box, type ‘6’

Keep the ‘<none>‘ in the Fold Variable drop down drop down menu

YV YV
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CCR 1 g X

Opkions

# Components: & = Autamatic
@ CCR.m ) PLS.skd () PLS.unsk
() CCRIda () CCR.logistic ) CCR.Lsury

Iterations: 4 % Ridge: 0,001
Weights: [-::nu:une} "]
Case Id: [ID "]

[ tnelude Missing [] mMSE

[ Yalidation ]

[ Cross Yalidation ] |
Use Cross validation 1
# Rounds: 10 =

# Falds: & =
Skratify

Randamization Seed: 09302010

Fald Yariable: [::nu:une:: - ]

Fig. 9. Model Control Window with Automatic activated and Cross-validation specified

Estimate the Specified Model:
» Click on the ‘Estimate’ button to estimate the specified model.

Note that CORExpress removed the checkmark from the Stratify CV option, which is not
applicable in linear regression.

The Summary Statistics show that the resulting model has K=2 components. For this model, the
CV-R? increases to .75 with a standard error of only .02, providing a significant improvement
over the OLS regression CV-R? =.63.
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autoprice : CCR 1 = = ES
Copy

Coefficients -
0.2206 0.23488

Predictors Coefficient CC1 CCZ2

CYLIMDER 20,9438 92,7743 1.3807
PoiER. E4b.4633 132008041  F28.5597
SPEED 4456536 16420541 2393236
WEIGHT 42,3677 203.0576 -4,0659
LEMGTH 32,6183 10387758 -GE3.2FF0
WIDTH 3436158 45882113 -1915.9397

m

[Constant] -177941
Std. Coefficients
09024 0,1842

Predictors Std.Coefficient CC1 CC2

CYLIMDER. 01922 02079 0.0240

POER. 03679 0.2175  0.9299

SPEED 0,1954 0,175% 0.1986

WEIGHT 01737 0,1985 -0.0308

LEMGTH 00224 01823 -0.F6R2

WIDTH 00457 0,1491 -0.4826 -
Fl 1T} 3

Fig. 10. Model Output

From the Coefficients Output in Figure 10 we see how the coefficients are now constructed
based on only 2 components. For example, the coefficient for CYLINDER can be decomposed
as follows:

20.944 = 221*92.774 + .349*1.381
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Part B: Activating the Step-down Algorithm

To eliminate extraneous and weak predictors, in the options section we will now activate the
step-down algorithm as shown below.

Specifying the Number of Predictors to Step Down:
> In the Model Control Window, click on the ‘Step Down’ box and step down options
will appear.

» Click on the ‘Perform Step Down’ box to enable the step down feature.
> Keep the default values for ‘Min # Predictors’ and ‘Max # Predictors’.

Activation of the step-down option automatically requests the step-down predictor selection and
the Predictor Count table.

CCR 1 (4

| Step Down

Perfarm Step Down
Min # Predictars: 1

Max # Predictors; &

LILINE ] 3

| Remove by Percent

Percent: 1

[k

m

Options

# Components: & = |¥] Automatic

@ CCR.Im PLS.std PLS.unsk
CCR.Ida CCR.logistic CCR.sury

Iterations: 4 % Ridge: 0,001
Weights: |-::ru:nne:=- "|
Case Id: |ID - |

Include Missing MMSE

Estimate

Fig. 11. Model Control Window with Step-down options specified
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Estimate the Specified Model:
> Click on the ‘Estimate’ button to estimate the specified model.

The predictor selection plot suggests that inclusion of 3 predictors in the model is optimal.

X autoprice : CCR 1 El@

aukoprice : CCR 1

077
0,76 —F=——m e NP, YA P S —

o 1\ A

0.74
073 { .......... Nt
0.7z ]J

071
0.7 —F————- -)l-- ............................
0.69
0,65
0.67 —==——1 -
0.66

] 1 2 3 4 g & 7

R-square

# Predictars

Fig. 12.

The Predictor Count table suggests that POWER and WEIGHT are the most important
predictors, being included in 60 and 59 of the 186 cross-validated regressions respectively. Also,
we see that among the 10 rounds, P*=3 predictors was obtained as the optimal number 7 of the
10 times.
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- -
autoprice : CCR 1 = | =) ES
Copy
Predictor Table i
Predictor All 1 2 3 4 5 6 7 & 9 10
POWER B0 B B BB E B B B B B
WEIGHT M 6B B BB E S B B B B
SPEED F 3 B 3 3 2 0 32 40 3
CYLIMDER. 23 2 & 3 2 3 1 3 1 0 2
LEMGTH w1 e 00100 101
WIDTH OB 01 00D ODO0D
Total 186 18 36 18 13 18 12 18 18 12 18 =
Predictors 363 3 3 2 3 3 2 3
F T 3
Fig. 13.

The final model has CV-R? = .77 and includes the predictors POWER, SPEED and WEIGHT:

r N
autoprice : CCR 1 = || =] ES
Zopy
Fit -
Training Cross-Yalidation
R™2 0.8262 07690 0.0284
Coefficients

0.4017 06196

Predictors Coefficient CC1 CC2Z £
PoiER. EF3.3075  1320.8041 230.468%
SPEED 2228506 164205841 -704,8570
WEIGHT 1109286 2030576 474012

[Constant] -115044
Std. Coefficients

0LE779 0.1469
Predictors Std.Coefficient CC1 CC2
PiiER. 04541 04076  0.6EEF
SPEED 00977 0,3295 -1.3039
WEIGHT O 03721 08008
i 1 3

Fig. 14
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General Discussion and Additional Tutorials

Key driver regression attempts to ascertain the importance of several key explanatory variables
(predictors) Xy, X, ..., Xp that influence a dependent variable. For example, a typical dependent
variable in key driver regression is ‘Customer Satisfaction’. Traditional OLS regression methods
have difficulty with such derived importance tasks because the predictors usually have moderate
to high correlation with each other, resulting in problems of confounding, making parameter
estimates unstable and thus unusable as measures of importance.

Correlated Component Regression (CCR) is designed to handle such problems, and as shown in
Tutorial 2 it even works with high-dimensional data where there are more predictors than cases!
Parameter estimates become more interpretable and cross-validation is used to avoid over-fitting,
thus producing better out-of-sample predictions.

81



Copyright © 2011 by Statistical Innovations Inc. All rights reserved. (version: 11/15/2011)
9.2 Tutorial 2: CCR for a Continuous Dependent Variable

Goal

This tutorial shows how to use COREXxpress to perform regularized linear regression (CCR-Im)
with demo data set #1, consisting of data simulated according to the usual linear regression
assumptions with true coefficients shown in Table 1A below. The tutorial consists of 2 parts —
Part 1A, which illustrates the use of CORExpress with P=56 predictors with a large sample of
size N=5,000, and Part 1B, which illustrates the use of CORExpress on high-dimensional data
with the same number of predictors, P=56, but with a sample of size N=50, so that P>N. Some
kind of regularization is needed in order to get reliable predictions based on high-dimensional
data. The tutorial begins on page 5. Pages 1-4 provide some background information and a
summary of results from some alternative regression approaches.

Overview

Tutorial Part 1A shows that the Correlated Component Regression (CCR) method, as
implemented in COREXxpress, outperforms stepwise regression (regardless of whether the
forward or backward option is used), and also outperforms the penalized regression method
lasso, an alternative regularized regression approach, based on a relatively large sample size with
N=5,000 (the ‘training’ data). For these data, all but 14 of the P=56 predictors are either
extraneous or completely irrelevant (i.e., only 14 predictors have true non-zero population
coefficients). Additional cases from an independent data set of equal size (called the ‘validation’
or ‘test’ data) are not used at all during model development, but are available on the file to
compare the performance of the models obtained by the different methods.

Tutorial Part 1B shows that the Correlated Component Regression (CCR) method also
outperforms both stepwise regression and lasso in a high-dimensional data setting, created by
performing the regression with a reduced N formed by taking a 1% sample from the 5,000
available training cases, the sample size thus being reduced to N=50. ‘High-dimensional data’
refers to data where the number of predictors P is large relative to the sample size N, and may
exceed N by a small amount (P>N), or by a large amount (P>>N). Although the number of
predictors (P=56) is relatively large, the data used in Part 1A are not considered ‘high
dimensional’ since P << N.

The Data

Table 1A compares regression results obtained from CCR and stepwise regression using the
entire training sample of size N=5,000. Column 1 lists the subset of predictors for which non-
zero coefficient estimates were obtained in at least one of the regressions. The 14 true predictors
are listed on top, the first column listing the true population coefficients. The population R? for
these simulated data is approximately .913, and as a benchmark, the R? values obtained by
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applying the true coefficients to the training and independent validation data is .911 and .914
respectively, the slight differences reflecting sampling variation in the two generated samples.
Since only 14 of the 56 predictors are valid predictors (i.e., true coefficients are non-zero for
these), the true regression is said to be sparse (many coefficients equal zero).

Table 1A: Comparison of Results for CCR and Stepwise Regression Models estimated on
Training Data (N1, = 5,000) and Evaluate Using Validation (Test) Data (Nya = 5,000)

CCR  Stepwise Regression
TRUE K=8 forward backward

R-sq (Tr) = 0911 0911 0.912 0.912
R-sq (CV) = N/A 0.911
R-sq(val)=  0.914 0913 0.913 0.913
Predictors
BRCA1 -2.13 -2.2 -2.2 -2.2
CD44 1.85 1.69 1.68 1.68]
CD97 1.44 1.45 1.39 1.4
CDKN1A 2.33 2.34 2.34 2.33
EP300 -1.78 -1.64 -1.7 -1.69
GSK3B 4.56 4.59 4.55 4.56
IQGAP1 3.35 3.27 3.33 3.32
MAP2K1 2.75 2.48 2.64 2.73
MYC -1.81 -1.77 -1.79 -1.77
RB1 -3.82 -3.68 -3.73 -3.75
RP5 5.75 5.8 5.77 5.78
SIAH2 1.15 1.12 1.14 1.14
SP1 -9.55 -9.44 -9.39 -9.39
TNF 2.24 2.25 2.26 2.27
Otherl 0 0 0 -0.11
extrad 0 0 0 -0.13
extra5 0 0 0 0.06
extral3 0 0 0 0.05
extrald 0 0 0.06 0.08
extral6 0 0 0 -0.04
extra28 0 0 0 0.06

Of the 42 extraneous predictors (i.e., true coefficients equal zero for these), 14 (labeled ‘otherl-
other14’) are correlated with the 14 valid predictors, and each of the remaining 28 extraneous
predictors (labeled ‘extral-extra28’), is uncorrelated with each of the other 55 predictors.
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Theoretically, prediction can never be improved by including any of the irrelevant predictors
‘extral-extra28’ in the model, but if some of the valid predictors were excluded, it is possible
that prediction can be improved by including one or more extraneous predictors ‘otherl-other14’
that are correlated with the valid predictors excluded.

Column 2 in Table 1A contains results from the K=8-component CCR model. As K is reduced in
value, the amount of regularization goes up. We selected the model with K=8 components by
applying a tuning process based on 10-fold cross-validation, results of which are summarized in
Table 1B. Table 1A shows that this model, CCRS, correctly yields non-zero coefficients for the
14 valid predictors and correctly excludes all of the extraneous predictors. The remaining
columns in Table 1A show that stepwise (backward and forward) regression yields similar
results in terms of the Validation R? based on this large sample of N=5,000. However, the
stepwise solutions include at least 1 irrelevant predictor in the model.

In contrast to CCR and stepwise regression which are invariant to any linear transformation
applied to the predictors, penalized regression methods such as lasso require that the predictors
be standardized. Lasso also yields results similar to CCR based on this large sample size in terms
of validation R? but is somewhat worse than both CCR and stepwise regression in terms of
predictor recovery, resulting in 23 non-zero coefficients, including 7 irrelevant plus 2 extraneous
variables. (The Lasso solution was obtained using GLMNET, tuned using the M-fold cross-
validation procedure included in that package).

To determine the number of components K for the CCR model, Table 1B summarizes cross-
validation output obtained from CORExpress, for K in the range 2-12. This output includes the
cross-validation R? statistic (CV-R?) supplemented by cross-validated predictor counts. Note
that CV-R? steadily increases as K goes from 2 to 8, and then beginning with K=8 only increases
slightly as K increases further for K =9, 10, 11 and 12. For each K, the bottom row reports the
number of predictors that maximize CV-R? when that number of predictors is included in the
associated K-component model. Note that the correct number P*=14 is reported for K=7-9.

For each predictor, the body of Table 1B reports the number of the 10 CV-Subsamples for which
the CCR step-down procedure included that predictor in the model. For example, for CCR8 and
CCR9, when the CCR step-down procedure was applied in each of the 10 CV-subsamples (each
subsample excluding one of the 10 folds), the 14 true predictors (and only these predictors) were
correctly included in the model each and every time, for a total of 10. Table 1 is based on 1
round of 10-folds.

Although the models with K=10, 11, or 12 components yield a higher CV-R? than models with
K=8 and K=9, CV-R? is only slightly higher for the former models, and the predictor counts are
less consistent than the latter models, reporting counts less than 10. Thus, by selecting the model
with the smallest K among those having (approximately) the highest CV-R?, we obtain greater
consistency in terms of the predictor counts. This type of model selection criterion is similar to
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that recommended for lasso -- the selected model being the most parsimonious model among
those for which the CV error rates are within 1 standard deviation of the lowest CV error rate.

(The standard error for the CV-R? can be computed and is displayed in the CORExpress output,
when more than 1 round of M-folds is requested.)

Table 1B: Frequency of predictor occurrence in 10 CV-Subsamples for specified K Components

# Components 12 11 10 9 8 7 6 5 4 3 2
cv-r? 0.9111 0.9111 0.911 0.911 0.9109 0.909 0.8980 0.8911 0.8659 0.81 0.56

BRCA1 10 10 10 10 10 10 10 10 10 10 10
CD44 10 10 10 10 10 10 10 10
CD97 10 10 10 10 10 10 10 10 10 10
CDKN1A 10 10 10 10 10 10 10 10 10 10 10
EP300 10 10 10 10 10 9 2
GSK3B 10 10 10 10 10 10 10 10 10 10
IQGAP1 10 10 10 10 10 10 10 10 10 10
MAP2K1 10 10 10 10 10 10 10 10 10 10
MYC 10 10 10 10 10 10 10 10 10 10 10
RB1 10 10 10 10 10 10 10 10 10
RP5 10 10 10 10 10 10 10 10 10 10 10
SIAH2 10 10 10 10 10 10 10 10 10 10 10
SP1 10 10 10 10 10 10 10 10 10 10 10
TNF 10 10 10 10 10 10 10 10 10 10
Otherl 10 10 7
Other10 10 10 10
Other12 1
Other13 7 4 1 8 10 10
Otherl14 2 2
extrad 3 9
extrab 4
extrald 10 10 1
# Predictors (P*) 17 18 15 14 14 14 15 15 12 13 6
Total count 170 180 150 140 140 140 150 150 120 130 60

For Part 1B, in order to provide comparisons that are comparable to those in Part 1A but based

on ‘high-dimensional data’, we maintain the P=56 predictors but reduce the sample size by
randomly dividing the training sample into 100 equal sized subsamples, each of size N=50. Thus

for part 1B we have P>N. Table 2 provides results from CCR (again, the 8-component model
was obtained based on the CV criteria), and stepwise regression, for the first such subsample
(‘simulation’ = 1). Results from the backward elimination option are not reported because this
option cannot be performed with P>N due to singularity of the covariance matrix. The results
from CCR8 are discussed in more detail in Tutorial Part 1B.
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Table 2: Comparison of CCR and Stepwise Regression Results based on Simulation #1 (N=50)

TRUE CCRS8 Stepwise Regression
Rsq.Tr = 0.97 0.89 0.95
Rsg.Val = 0.91 0.71 0.68 Reported

Coefficients p-vals

BRCA1 -2.13 -2.23 -1.51 0.004
CD44 1.85 0 0
CD97 1.44 277 292 0.00005
CDKN1A 2.33 333 215 1.60E-06
EP300 -1.78 -1.6 0
GSK3B 4.56 0 0
IQGAP1 3.35 3,57 6.16 5.30E-07
MAP2K1 2.75 0 0
MYC -1.81 0 0
RB1 -3.82 0 0
RP5 5.75 6.25 6.63 4.40E-12
SIAH2 1.15 0 0.98 0.00023
SP1 -9.55 -8.66 -9.75 1.20E-14
TNF 2.24 2.78 2.43 2.00E-06
Other2 0 0 -1.68 0.009
Other3 0 0 0.56 0.001
Other4 0 0 -2.69 0.024
extra9 0 0 1.12 0.005

These data are available in an SPSS .sav file in demo data set #1 (‘LMTr&Val.sav’). The file
contains of training data (‘Validation’ = 1) consisting of all 100 simulated data sets of size N=50
(‘Simulation’ = 1-100), and an equal sized validation (test) data set (‘Validation’ = 1).

Note that Table 2 shows a relatively large training sample R? based on the true model, R? (Tr)
=.97, which indicates that the observed dependent variable for this subsample tends to be more
strongly related to the true model predictions than the average subsample. The associated
validation R? of .91 is obtained using all N=9,950 cases outside the training data.

Comparing the top 2 rows of Table 2 shows that CCR outperforms stepwise regression on this
subsample. The validation R? is higher for CCR (.71 vs. .68), and the drop-off in R? from the
training to the validation sample is substantially smaller for CCR than for stepwise regression
(.89 -.71=.18vs. .95 - .68 = .27), indicating greater reliability. In addition, CCR includes 8 of
the valid and none of the extraneous predictors, compared to 8 valid plus 4 extraneous predictors
included by stepwise regression. The p-values (right-most column) reported in the stepwise
regression output are substantially less than .05 for all predictors, mistakenly suggesting
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statistical significance. It is well known that these p-values have a downward bias due to the
effects of selection.

Lasso again performs worse than either CCR or stepwise in terms of the validation R% The
corresponding results from lasso are as follows:

a) Rsq (Tr) =.88, Rsq (Val) = .61,
b) 10 valid plus 5 irrelevant plus 2 extraneous predictors were included in the model.

Overall, across all 100 subsamples, CCR outperformed stepwise regression. On average, the
CCR model includes 2 more valid predictors than stepwise regression (9.0 vs. 7.1) and
approximately the same number of extraneous predictors (2.5 vs. 2.2). In addition, the average
correlation between the CCR predicted score and the score obtained based on the true model is
.942 compared to the smaller correlation of .907 using the predicted score obtained from
stepwise regression. More details of these comparisons can be found in Magidson (2011,
forthcoming).

Magidson, J. (2011). ‘Rethinking Regression, Prediction and Variable Selection in the Presence of High

Dimensional Data: Correlated Component Regression.” To be presented at Modern Modeling Methods Conference.
U. of Connecticut. May 20, 2011.
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Tutorial 2A: CCR-Linear with Sample Size N=5000

Overview

In tutorial 1A, we will use COREXxpress to estimate the 8-component model based on the training
sample of size N=5,000. Fig. 1 shows CV-R?as a function of P for K=8. We see that for K=8
components, CV-R?achieves its maximum of .9109 with 14 predictors. Table 1 shows that the
14 predictors selected are in fact the 14 valid predictors, that the estimated coefficients are very
close to the true coefficients, and that the R? based on the true coefficients is .9113. In addition,
these 14 predictors were obtained in each of the 10 sub-analyses conducted as part of the 10-fold
cross-validation.
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Fig. 1. CV-R? Plot of CV-R? for K=8. The maximum value for CV-R? occurs with P=14
predictors included in the model.
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The follow steps show how to use COREXxpress to obtain the CCR8 model coefficients for the 14
valid predictors as reported in Table 1A above and the graph in Fig. 1 which shows that the
maximum value for CV-R? occurs with P=14 predictors included in the model.

Opening the Data File

For this example, the data file is in SPSS system file format.

To open the file, from the menus choose:
» Click File = Load Dataset...
» Select ‘LMTr&Val.sav’ and click Open to load the dataset

Edit ‘Wiew Plot Model Help
Mew Project Ctrl+M g X

Load Dataset..,

Control 5 X |

Load Project...
Sawve Project .,

Close Project
Close &ll Projects

Exit

Data g X

Fig. 2: File Menu
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r:

A Open data set (=5
. am
l'\_J“'\_J'I | % User's Guide » Tutorials » Linear Sim Tutorial - |4¢||Search 2|
‘ Organize + i Views ~ [ Mew Folder
Favorite Links Marme Date modified
E@LMTr&VaI.sau 172172011 3:47
E| Documents
E._j' Music
E Pictures
More »
Folders g
J SIPlot Prograrm Development =
| standardized
, User's Guide
| Tutarials (W
, LD& Sirmulations
. Linear Sirm Tutorial - | m | "
File name: LM TréM al.zay - lDatasets [*.dat " zav] v]
[ Open J [ Cancel l

Fig. 3: Loading a Dataset

You will now see the ‘LMTr&Val’ dataset loaded in the ‘Projects’ Window on the left. In the
middle (currently a dark gray box) is the workspace which will eventually show ‘Model Output’
windows once we have estimated CCR models. On the right is the ‘Model Control” window,
where models can be specified and graphs can be updated. The ‘Data’ Window on the bottom
shows various data from the dataset.
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File  Edit  Wiew Plot  Model  Help

Projects g X Cantral =2 X|
2 £} LDASIm
CREATE MEW MODEL

CREATE MEWY PLOT

Projects Window Model Control Window

Data

Data Window

| Status Bar Window

Fig. 4: CORExpress Windows

You can view the complete dataset in a new window by double clicking on ‘LMTr&Val’ in the
Projects window. After estimating a model, the predicted scores will automatically be added to
the file, and any cases not used to estimate the model (holdout cases) will also be scored.
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e

B | LMTratalsav [ || [ES]

ID  ‘“alidation simulation ¥ BRCAL CD44 CDo7 COKM14, EP3C ~

1 1 0 1 1.795 0.02478  0.1818 0.1317 -0.1323 0.2397

2 z ............. 0 1 -1.057 0.4364 0.4098 0.7832 0.2284 0.7725

3 3 0 1 -2.73 03772 -0.7012 -0.3435 -1.085 -0,6105

4 4 0 1 5.55 -0.5496 03141 -0.4418 0.1854 -0,1327

5 5 0 1 0.6103 -0,1588  -0.01424 002826 -0.1834 0.2642

f f 0 1 6.577 -0,992 -0.5654 -0.2133 0.1387 -0.8752

7 7 0 1 0.6732 0.1732 0.3515 0.4224 0.5691 0.3107

8 8 0 1 -4,108 0.2723 0.5265 0.5424 -0.323 0.6756

9 9 0 1 0.6059 -0.9958  -1.469 -1.538 -0,2445 -0.8704

10 1m0 1 3,909 -0,2281 035948 -0,266 0.007767  0.4543

Fl I F

-

Fig. 5: CORExpress Dataset View

Estimating a CCR Model

Selecting the Type of Model:

> Double click on ‘CREATE NEW MODEL’ in the Workspace window under

‘LMTr&Val’

Model setup options will appear in the Control window.

Selecting the Dependent Variable:

> In the Control window below ‘Dependent’, click on the drop down menu and select

‘Y’ as the dependent variable.

Selecting the Predictors:

> In the Control window below ‘Predictors’, click and hold on ‘BRCA1’ and move the

cursor down to ‘extra28’ to highlight all 56 predictors. Click on the box next to
‘extra28’ to select all 56 predictors.

Alternatively, you can open a Predictors Window to select the predictors:
> In the Control window below the ‘Predictors’ section, click the “...” button.
» The Predictors Window will open.
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» Click and hold on ‘BRCA1’ and move the cursor down to ‘extra28’ to highlight all 56
predictors in the left box.

» Click on the “>>° box in the middle to select all 56 predictors and move them to the
right box as candidate predictors.

5| Predictars (-7 | [

D extrald -
Walidation extrall
simulation extrald
b extrald
extral
extrall
extrald
extrald
extral]
extrall
extradd
extradd
extradd
extrald
extralf
extrald
extrald

4]

Gt

m

Lexical Order Il ] | Cancel

Fig. 6: Predictor Window

Specifying the Number of Predictors to Step Down:
» Click on the ‘Step Down’ box and step down options will appear.
» Click on the ‘Perform Step Down’ box to enable the step down feature.
> In the ‘# Predictors:” box, keep the default number, ‘1’

Selecting the Number of Components:
» Under Options, click in the box to the right of ‘# Components’, delete ‘4’, and type
‘87

Selecting the Model Type:
» Click on ‘CCR.Im’ to select a CCR linear regression model
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our Control window should now look like this:

File  Edit Wiew Plot

|Pr0jects

4 & LMTra:val

v []ccri
CREATE MEW MOD
CREATE MEW PLOT

EL

Copy

CCR not vet estimated. Use the 'Estimate’ butkan an the me

IR 1 8 x
[ Dependent l =
l¥ ™

[ Predictors ]
D -
Yalidatian

simulation
¥ -

[ Step Dowin ]

Perform Step Down 1

Min 4 Predictors: 1 E

Max # Predictors: 20 E

Remave by Percent

Percent: 1

l Opkions ]

# Components: 5] EI

@ CCR.m () PLS.skd () PLS.unst

() CCR.da () CCR.logiskic () CCRLsury

Ikerations: 4

2] ridge: 0.001

Weights: [ﬁnone:%

7

Case Id: [{none}

d

Include Missing NMSE

Data

Fig. 7: Control Window

Specifying the Training Sample:
» Click on “Validation’ and options will appear for selecting training and validation
subgroups.

Under the Training Subgroup, click on the ‘<select>‘ drop down menu and click on

‘Validation’.

>
> Keep the default ‘=* in the drop down menu
» Keep the default ‘0’ in the Training Subgroup numeric box.
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Now, all records meeting the ‘Validation=0" criterion will be selected as the Training sample,
providing an analysis file of size N=5,000.

Specifying the Validation Sample:
By default, all cases meeting the criterion ‘Validation~=0" will be automatically selected as the
validation sample.

Specifying Cross Validation:
» Click on the ‘Cross Validation’ box and cross validation options will appear.
» Click on the ‘Use Cross Validation’ box to enable the cross validation feature.
> Inthe ‘# Rounds:” box, keep the default ‘1’
> Inthe ‘# Folds:” box, keep the default ‘10’
> Keep the ‘<none>‘ in the Fold Variable drop down drop down menu

This divides the analysis sample into 10 subsamples (folds) that can be used to obtain the optimal
tuning parameters for the number of components K and the number of predictors P. The statistic
to be used primarily will be CV-R?, the cross-validation R?. This statistic is computed using
model scores obtained from the analysis sample, excluding cases a particular fold, and applied to
cases in the excluded fold. The performance of the model is measured on the combined set of
excluded cases, and thus is based solely on cases not used at all in the development of the model.
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our Control window should now look like this:

RExpress -

by Statistical Innowvations
Eile  Edit  Miew Plot  Model Help

ot 2 | [E——— -
4 & LMTraval — .
» [ ecra [ Walidaticn ]

CREATE MEMW MODEL
CRE&TE MEW PLOT

Training Subgroup:

Validation = ||= = | 0
<slect> w*||= w0

‘alidation Subgroup:

select> = | |= *| 0

l Zross Yalidation ]

CCR not wek estimated, Use the 'Estimate’ butbon on the me

Use Cross Yalidation

# Rounds: 1 B =

# Falds: 10 E

Skratify

Randomization Seed: 09302010 E

Fold Variable: | <nones= - ]

[ Screen ] I+
Daka = x|

Fig. 8: Control Window

Estimate the Specified Model:
> Click on the ‘Estimate’ box to estimate the specified model.
> Progress of the cross-validation is reported in the status bar window at the bottom of
the program window.

Note that CORExpress removed the checkmark from the Stratify CV option, which is not
applicable in linear regression.

Round 1 Fald 3 of 10... Estirmating...

Fig. 9: COREXxpress Status Bar

When the model is finished estimating, a new window will pop up: ‘CORExpress’ (CV-R? Plot)

View Model Output
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Viewing CV-R? Plot:
> Click on the ‘LMTr&Val : CCR 1’ window (CV-R? Plot)

A | LMTrédval: CCR 1 F=3|E=R(F=

LM TrEMal ¢ CCR 1

0.9

0.4

0,7 =h=m=mepmemm et mm———

0.6

0.5
_7/ ________
0.3
0.z /

0.1

R-squate

o QS (N (S —— S
1
1
1
]
]
=t
1
]
]
1
1

L e s Dt wiaatat atal

10 12 14 16 13 20
# Predictors

Fig. 10: CV-R? Plot

The CV-R? plotted in the graph corresponds to the cross-validation R? based on the 8-component
model for number of predictors P ranging from 56 down to 1. Since we kept the default ‘20’ for
the ‘Max # Predictors’, only predictors ranging from 20 down to 1 are shown. The number of
predictors is determined as the smallest P that yields the maximum value for CV-R% The
program then uses all cases in the analysis file to estimate the K-component CCR model with
that number of predictors (and the specified value for K).

Viewing CV-R? Output:

» Click on the ‘LMTr&Val : CCR 1’ window in COREXxpress

» The CV-R? as well as the corresponding R? for the training and validation data are
provided at the top of the output window.

» The unstandardized and standardized coefficients are provided in the main body of
the output window.

» When the step-down procedure is selected with a specified range for the number of
predictors, the cross-validation R? (CV- R?) is reported next for each value of P in the
selected range.

» Scroll down the * LMTr&Val: CCR 1’ window past the coefficients
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Fig. 11: Cross Validation R? Output in the Model Output Window

Model Output Window along with the CV-AUC and CV-ACC for each number of predictors. By

default, the model estimated and shown in the model output window is the ‘optimal’ one -- the
one with P* predictors, where P* is the value for P with the highest CV-R?. In the case of ties,
the optimal number of predictors P* is taken to be the smallest value for P among those with the

same highest value for CV- R?.
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Viewing the ‘Optimal’ Model Output:
» Click on the ‘LMTr&Val : CCR 1’ window in COREXxpress
» Scroll to the top of the window

[ =

LhdTreal : COR 1 F=8|E=l

Copy

Results for CCR.Im Regression - Wed Apr 27 14:24:25 2011 W
Model

[ratasel: C fUsers Anill \Documents My Documents /2ORExpress/Demo Crata LM TréMal saw
Dependent: ¥

Weights:

Case Id: E

Predictors (14): BRCAL, CDdd, CD4E7, COKMLA, EP300, GSK3E, IGAPL, MAPZKL, MYC, REL, RPE, £
Training Subset: [Validation] =10

# CCR.Im: 3
# Cases: CO00Q by ziming, 5000 validation, 0 raissing
Fit

Training Yalidation Cross-Yalidation
B2 09113 09134 09109
Coefficients

1.2179 02262 11340 059114 09150 08296 05332 04240
Predictors Coefficient CC1 CCz CC3 C©CC4 CC3 CCe CCT CCB

ER.CA1 -2.2030  -0.5808 -3,1531 -0.541% -0.5927 -0.0231 03611 0.092% 0.1055

ZDrdd 16929 07740 -4.4514 -0.0452 10942 11774 -0.4026 02102 -0.2288

_LarF 1,447 12865 -1.8972 10652 05963 -1.2326 02404 -0.7899 -0.3233
CDEM1A 2418 25601 1,13585 -0.F163 -0.4611 0.2139 00411 -0,0199 -0.0531
EPz00 -1.6378  O.46R4 -40214 -09635 18922 -1.4227 -0.94428  0.2469 -0.0097
GSk3E 45897 00455 -2751E 3.EF14 -02864 10332 07908 -0.4403 00035
IQaEAFP] 32736 04202 -3.1508 15243 14265 -0.0059 06102 -0.391% 03633
MAPZEL 2 05 1.0237 -3.375F  3.0994 -0.7614 -0.6E75 -06FFF  0.4954  0,1809

MY -17748 -0L1652 -2.7694 -1.0673 -0.2004 04549 -0,1620 0,3353 -0.0324

RE1 -3BE0E  -0.3092 -2.3810 0.53% -2.1920 0.1040 -15351 -0,9579 04261

R.PE EF9EE 28112 1EF02 24342 -2.1843 -0.78F9 07229 0.83F1 0.0509
SIAHZ 1.1247 16141 07241 -1.2067 02247 0.2233 -000436 -0,1290  0,1514

SP1 -9.43581  0.0B30 -6.4502 -G.21R1 -1.8832 -1.0882 14829 -0,9499 -0.3501

THF 22509 L2322 -1,1936 08882 -0.1057  0,3958 -0.2188 -0.0490 -0,1063
[Constant] 0.0175E2E -
i m 3

Fig. 12: Unstandardized Coefficients for K=8 in the Model Output Window
Note that for the Training, the R?=0.9113 and for the Validation the R*=0.9134.

When both the predictor Step-down Selection option and the Cross-validation option are both
selected, the table of cross-validated predictor counts is provided at the bottom of the output
window, followed by the processing time. (We will see that the processing time of about 1
minute, is substantially reduced in Part B when we reduce the sample size from 5,000 to 50.)
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LkATre0al CCR 1 =R
Copy
Predictor Table =
Predictor All
BRZA1 10
Dl 10
a7 10
CDEM 1A 10
EPz00 10
aSk3E 10
IowaaP1 10
MAPZE 1 0
MY 10
RE1 10
RPE 10
SIAHZ 10
SP1 10
THF 10
Takal 140
Predictors 14
Processing time: 77,165 seconds =
4 (L 2

Fig. 13. Predictor Counts Table

Note that these match the counts provided in Table 1B above for the 8-component model.
Determining the Optimal Number of Components

By default, the optimal number of components K* is taken to be the value for K that achieves the
highest CV- R? based on 1 round of M-fold cross-validation. In the case of 2 or more values for
K that achieve approximately the same CV- R? value, a table of predictor counts can be
examined to assist in the selection of K*, where each CV-Subsample contributes to the count
based on the top P*(K) predictors for that subsample. If necessary, a more extended table of
predictor counts can be provided based on R>1 rounds of M-folds to make a more informed
decision, and output the standard error for the CV-R? statistic.
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It is possible to get an extended prediction table containing information on more than 1 round of
folds. For example, if R = 2 rounds of 10-folds are requested, the first round will be the same as

the original and the second round is based on a different random selection of CV-Subsamples. In
this case, the CV-R? is computed as the average of the CV-R? from both rounds.

Recall that K = 10 achieved the highest CV-R? but based on a single round of 10-folds, the
results were somewhat inconsistent (recall Table 1B). Next we will request a second round of 10-
folds to provide additional information.

To obtain results including a 2nd round of 10-folds for the K=10
component model

Specifying the # components and the 2™ round:
> Double click on CCR 1 from the Projects window
> In the Control Window, under Options, click in the box to the right of “#
Components’, delete ‘8, and type ‘10’
> Inthe ‘# Rounds’ box in Cross Validation section of the Control Window, delete ‘1’
and type ‘2’

5| CORExpress - Copyright (c) 2011 by Statistical Innowvations =n=n==
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Dataset: i Users Al Documents iy Documents }OORExpress/Derno Drata/LMTraVal saw |<select> - | |_ - | 0
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Weight Yalidation Subgroup:
eights:
Case Id: [zselect> = ~] o
Predictors (14): BRCAL CD4d, D97, COKM1A, EP300, G5K3E, IQGAP 1, MAPZK1, MYC, RE1, RPE
Training Subset: [Validation] =0 | Cross Yalidation
# CCR.Im: 3
7 .
# Cases: 5000 braining, 5000 validstion, 0 missing Lecerosshaldatoy
Fit # Rounds: z e
Training Yalidation Cross-Yalidation # Folds: 10 -
R™2 0.9113 09124 0.9109 . =
Coefficients Sy
12179 0.2263 L1340 09114 09150 052% 05333 04240 Randomization Seed: 09302010
Predictors Coefficient CC1 CC2 CC3 cC4 CCS CCB CC7? CC8 Fold Yariable: |<n0ne> =
ERCAL -2:2030  -0.5808 -3,1531 -0541% -05927 -0.0231 03611 00929 0,1055 - -
4 [T [3
Estimate:
Data F X

Fig. 14: Control Window

> Click ‘Estimate’
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Since we request more than 1 round of M-folds, the standard error for the CV-R? now appears to
the right of the CV-R? (see Fig. 14).

» Scroll to the bottom of the Control Window to see the updated predictor table of
counts

LMATeNal : C.[ = [ B ][ 22
Copy

Predictor Table
Predictor All 1 2

BRCA1 200 10 10

D4 200 10 10
CDav 200 10 10
COKM1A 200 10 10
EP200 200 10 10
G5K3EB 200 10 10

IGEaPL 200 10 10
MAPFZE 1L 200 10 10

I C 20 10 10

RE1 20 10 10

RPS 20 10 10

SILaHZ 20 10 10

SP1 20 10 10

THF 20 10 10

Otherl For7

Other 14 2 2 0

extrald 1 10 E
Tokal 290 150 140

Predictors 15 14

4 I 3

Fig. 15: Predictor Counts Table for K=10-component model with 2 rounds of 10-folds
Notice that round 2, based on a different random seed than round 1, resulted in all 14 valid
predictors and no extraneous predictors being selected into the model.

Viewing the K Components and Predicted Scores on the Dataset:

» Double click on ‘LMTr&Val’ in the Projects window
» Click on the window with the dataset and scroll all the way to the right.
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=

B LMTranval sy = [ =[]

CCR 1ipredicted CCR 1zlm_dep? CCR1:CC1 CCRI1nCC2 CCRI1nCC3 CCRI1:CC4 CCRI1nCCE =

1 0.3036 1 2,128 -4.974 -0.4233 0.1238 -0.6122

2 -0.7052 1] 4,314 -17.02 -0.4853 0.653 -2.526

3 -2,746 1] -7.856 12.02 2,927 0.3257 1.265

4 5,967 1 3,935 17l 0,525 -1.548 03767

] -0.07592 1 142 -6.521 -0.768 0.3901 -0.05508

f 5941 1 -2.262 23.21 2,009 0.238 1103

7 0.4144 1 5.195 -16.25 -0.4461 -1.425 0.3951

] -2.9846 1] 0,449 -18.06 128 0.4308 -L.207

q 0.7247 1 -6.522 40.63 -3.834 1034 2034 il

4 P

-

Fig. 16: K Components and Predicted Scores in the COREXxpress Dataset View

The right-most variables contain the scores for each of the K components as well as the predicted
score for the K-component model. It also contains the folds generated when cross-validation is

performed, unless a specific fold variable is specified, along with all of the other variables on the
file. After estimating another model, you can retrieve an updated data file window containing the

updated model information by closing out of the data file window and double clicking on ‘CCR
Demo’ again. The new data file window will now contain the scores for the most recently

updated model.

To copy the predicted scores and other variables from the data set window, click on the desired
variables and type the shortcut ‘CTRL+C’> A window will pop up asking you if you also wish to

copy the variable name.
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Saving the Current Project

Save the Current Project:
» Click on File->Save Project As...
» A dialog box will pop up with the option to save the current project in the same
directory as the dataset file.
» Type ‘LMTr&Val’
» Click ‘Save’ to save the project.

5 | Save project (3]
o
bl | .« CORExpress » DemoData » - |4’? | | Search o |
File name: LMTr&Val -
Save as type: ’Data Projects (*.spp) v]
¥ Browse Folders e ] [ Cancel

Fig. 17: Saving a Current Project
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Tutorial #2B: Performing CCR-Linear on High Dimensional Data

Now we will select a small subset for our analysis sample. If you did not just complete Tutorial
#1A, we will begin by opening the saved COREXxpress project from Tutorial #1A.

Opening the Previously Saved Project:
» File 2 Load Project...
» Select ‘LMTr&Val.spp’ and click Open to load the project

A Open project (=5
=
l\_jl\_/’l | J € User's Guide » Tutorials » Linear Sim Tutorial - |4¢ | | Search R |

‘ Organize + i Views ~ [ Mew Folder

T Marre Date modified
Ff Docurments i@LMTr&VaI.spp 2342011 154 T
I3 Music Type: SPP File
FE Pictures Size: L.06 ME

) Date rodified: 273/2011 2:54 PR
More »
Folders hd
J SIPlot Prograrm Development =

| standardized
, User's Guide
| Tutorials
, LD& Sirmulations

. Linear Sirm Tutorial =l - m "

File name: LM T al.spp - lData Projectz [*.spp) v]

[ Open ] [ Cancel l

Fig. 18: Loading a previously saved project

Viewing Model Specifications & Output from Previously Saved Project
Opening the Model Specifications for the Saved Project:
» Double click on ‘CCR 1’ in the Projects window

The control window will now show the saved model specifications and the model output window
will show the previously saved model output corresponding to the model specifications.

Viewing the K Components and Predicted Scores from the Previously Saved Project:
» Double click on ‘LMTr&Val’ from the Projects window
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» Scroll to the right to see that CORExpress automatically saves K Components and
Predicted Scores from the previously generated runs.

Performing CCR-Linear on High Dimensional Data

Selecting the Number of Components:
» Under Options, click in the box to the right of ‘# Components’, delete ‘10’, and type
689

Specifying the Training Dataset:

» Click on “Validation’ and options will appear for selecting training and validation
datasets. Currently, under the Training Subset, there should be one specification:
‘Validation = 0’

» Click on (<select>) in the 2" row of selection options and choose ‘simulation’

> Keep the default ‘=* in the drop down drop down menu

» In the Training Subset numeric box type ‘1’

Now, all records with Validation=0 and simulation=1 will be selected as the Training dataset,
providing an analysis size of N=50.

Specifying Cross Validation:

» Click on the ‘Cross Validation’ box and cross validation options will appear.
> Inthe ‘# Rounds:” box, delete <2* and type ‘10’

Estimate the Specified Model:
» Click on the ‘Estimate’ box to estimate the specified model.

106



Copyright © 2011 by Statistical Innovations Inc. All rights reserved. (version: 11/15/2011)

Your program should now look like this:

. CORExpress - Copyright {c) 2011 by Statistical Innowations
Iodel

Help

[l ccra

CREATE MEMY MODEL
CREATE MEMY PLOT

File Edit Miew Plot
Projects g X
2 O LMTr&val

[ LiTratval : CCR 1
Copy

Results for CCR.Im Regression - Mon Jun 13 16:08:38 2011

Model
Dataset: i fUzerspifill Documents, My Documents ACORExpress/Derma Cata /LM Traal saw
Dependent: f

Weights:

Case Id:
Predictors (8): BRCAL CD97, CDKM1A, EP300, IQGARL, RPS, SP1, THF

Training Subset: ([Walidation] = 01 and ([simulation] = 1)

# CCR.Im: 3
# Cases: S0 braining, 9950 walidation, 0 missing
Fit

Training Yalidation Cross-Yalidation
R"2 02821 07077 07809 0.0220
Coefficients

049224 02774 08706 07104 05996 04275 07283 0.1261

Predictors Coefficient CC1 CC2 CC3 CC4 CCS CC6 CC7  CCB

BRCAL -2.2319 02227 -4.3224 -0.4358 -0.8344 -0.3810 03425 -0.0198 0.0289
D97 27688 2,1006 -3.2966 19010 -0.2563 03542 00475 00133 00654
CDKM1A 33263 40628 35950 -16089 00021 -0.0836 -0.0314 00041 0,005

===

(===

Data

CCR 1 F X
-
| Validation
Training Subgroup:
[validation = ~]o
|simulation v| |= '| 1
|<select> v| |= v| i}
‘alidation Subgroup:
|<select> v| |= '| a
| Cross Yalidation |
| Use Cross validation
# Rounds: 10 =
# Falds: 0 =] |3
Stratify
Randomnization Seed: 09302010
Fold Yariable: |<n0ne> = |~
Estimate |
8 X

Fig. 19: Control Window

> Scroll to the bottom of the Control Window to see the updated predictor table of

counts

Note the reduced estimation time on N=50 despite estimating 10 rounds of 10-fold.
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r -
LM Tr&aEl: CCR L = | =) ER

Copy
Predictor Table 0
Predictor All 12 2 45 & ¥ & 910
RPEC 100 10 10 10 10 10 10 10 10 10 10
=Pl 100 10 10 10 10 10 10 10 10 10 10
CDKH1A 99 10 10 10 10 9 10 10 10 10 10
IQGEAPL 93 10 10 10 10 10 10 10 10 9 10
THF 97 10 10 10 10 7 10 10 10 10 10
a7 g9 0% 9 &% 9 9 & 10 10 9 %
ERCAL 74OE 7 9 10 0 10 10 10 9 9
EF300 4 06 2z 70O % 5 3 4 2
SIAaH2 44 00 & 8 0 & 10 10 & 0
OtherS % 13 4 6 1 5 & 7 12
MaRzE1 33 00 & 30 7 OF 7 oz 1
MYZ 2800 2 20 4 & 5 L o4
Otherd 4 3 02 3 2 2 1 2 31
extrall 2300 0 40 4 F &5 00
Oither12 2 0o 3 &5 0 2 B B 10
Oither13 2 21 1 &5 2 1 2 2 32
Other 14 2200 2z 00 3 F 7 30
extraZb 20000 0 10 4 & F 200
Otherz v 01 1 10 2 4 7 21
D44 £ 00 0 2z 0 1 4 & 20
Otherl 4 00 2 00 2 & & 00
extrada 4 00 0o 00 1 & 7 00
Other2 £ 00 0 10 @ 2 ¥ 00
E5K3E 400 0 00 1 1 2z 0O
Oither11 4 00 1 o0 1 2 0 00
ety a7 4 00 0 00 @ T 1 00
extrad 4 00 0 00 1 1 2z @00
RE1 000 0 o0 2 0 1 00
extraS T 00 0 00 0 1 2z 00
entrazz 300 0 10 @ 1 1 @00
Cithera 2 00 0 00 oo 2 0 00 A
Other 10 200 0 10 0 0 1 0@ 3
extral 200 1 00 1 0 0 00
Citherk i 00 0o 00 o 1 0 00
extrab i 00 0o 00 o 1 0 00
extrall 100 0 o4 0o 1 0 00
extrald i 00 0o o0 1 0 0 00
extrald i 00 0o 1 0 0o 0o 0 00
entrazl 100 90 04 1 0 0o o009
extratd i 00 0o o0 o 0o 1 00
Tatal 1090 70 20 100 120 &0 120 170 120 100 20
Predictars Fog o0 12 6 13 17 18 10 2
Fl 1 3

Fig. 20. Predictor Count Table
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Available Plots:

A wide range of traditional plot options for linear regression are also provided. To see these,
double click ‘CREATE NEW PLOT’ from the Projects Window

A S Plat 8 |[==

Select a Plat Type:

Loy

ScatterF'iu:ut Bow Plot hultivariate Box Plot

Histogram

ROC Plaot

i ] | Cancel

Fig. 21. Create New Plot Options

In particular:

Select the Scatter Plot option to construct additional scatterplots for the training data only, for
the validation data only, for any selected subset of the data, or plots for each of the above.

Select the Box Plot to compare the distribution side by side for the 2 dependent variable groups.

Select the Histogram option to examine the distribution for any variable on the file, within any
selected subset of cases.

To open the Project Settings menu:

> Right click on LMTr&Val at the top of the Projects Window.
» Select ‘Project Settings’
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The following window appears:

B Data Window Wariable Selection @
Wariables
Wariable Type hdean Range Count =
D Continuous 5000 (1,10000) 10000 |
Walidation Categorical (23 0.5 (0.1 10000 3
simulation Continuous 50,5 (1,10m 10000
b Continuous -0.03728 (-11.86,11.98) 10000
BRCAL Continuous 0.004675 (-2.232,2.343) 10000
Ch44 Continuous 0.005851 (-2.124,1.919) 10000
CDy7 Caontinuous 0.001543 (-2.232,2.549) 10000
COEMNLA, Continuous 00008199 {-2.119,2.148) 10000
EP30D0 Continuous 0008798 (-2.474,2.331) 10000
Gek2B Continuous 0003591 (-2.141,1.948) 10000
I0GAPL Continuous -0.00002224 §-2.35,2,342) 10000
hALP 2K Continuous 0.0055449 (-1.533,1.655) 10000
b Continuous 0.01045 (-2.354,2.456) 10000
RE1 Continuous 0004618 (-2.293,2.052) 10000
RPS Caontinuous n.oon2a9z  {-1.507,1.37 10000 -
ik ] | Cancel

Fig. 22. Project Settings

Select the variable(s) that you wish to appear in the Data Window by checking the box to the left
of the variable name.
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9.3 Tutorial 3: CCR for a Dichotomous Dependent Variable

Overview

In regression analyses involving a dichotomous dependent variable (group 1 vs. group 2), a
logistic regression model is most often the model of choice. In the special case where the
predictor variables are continuous, and the within-group variances and covariances are identical
within each group, the assumptions of linear discriminant analysis (LDA) are met, and the
coefficients in the logistic regression model can be more efficiently estimated by LDA methods.

Often in practice, many predictor variables are available, and the number of predictors P may
approach or even exceed the sample size N, a situation known as high-dimensional data. In such
cases some kind of regularization is needed in order to get reliable predictions. For example,
with high dimensional data that meets LDA assumptions, Bickel and Levina (2004) provided
theoretical results showing that LDA performs poorly and is outperformed by a substantial
margin by Naive Bayes (NB), an approach which imposes an extreme form of regularization.

In COREXxpress, the amount of regularization is determined by the number of components K that
are included in the Correlated Component Regression (CCR) model. CCR1, the model with only
K=1 component, provides the most extreme form of regularization, and is equivalent to NB.
CCR2, the 2-component CCR model, almost always outperforms CCR1 on real data. The
saturated CCR model, with K=N-1 components, imposes no regularization at all, and is
equivalent to traditional regression models. Taking K as a tuning parameter, COREXxpress
implements M-fold cross-validation (CV) to help users select the optimal value for K. In
practice, we have found that the best performance is generally achieved with K<10 regardless of
the number of predictors. Estimation with a small value of K is fast.

In addition, predictions can be improved by excluding extraneous predictors (those with true
coefficients equal to zero) from the model. For a given K, CORExpress relies on results from M-
fold CV to automatically determine the number of predictors P* to be included in the model, and
then estimates the model with P* predictors, excluding the least important predictors. In this
tutorial we show how CORExpress employs the CCR-lda model to analyze simulated data (demo
data set #2) in a high dimensional setting involving P=84 predictors and sample size of N=100 or
N=50. Note that in the latter situation, P > N. Results are better than those from stepwise LDA.
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The Data: Analysis Based on 100 Simulated Datasets
Data were simulated according to the assumptions of Linear Discriminant Analysis. The number
of available predictors is P = G; + G, + Gz where G, =28 valid predictors (those with nonzero

population coefficients given in Table 1), which include 15 relatively weak predictors (valid
predictors with importance scores < .85), G, =28 irrelevant predictors (named ‘extral’ —

‘extra28’) uncorrelated with both the dependent variable and with the 28 valid predictors but
correlated with each other, and G; = 28 additional irrelevant predictors (‘INDPT1’ — ‘INDPT28"),
each uncorrelated with all other variables. Correlations and variances mimic real data. We
generated 100 simulated samples, each consisting of N=50 cases, with group sizes N, =N, =25.

Table 1: True Linear Discriminant Analysis (LDA) Model Coefficients

Importance
Predictors Unstandardized  Standardized* Importance Rank
SP1 -9.55 -5.72 5.72 1
GSK3B 4.56 2.48 2.48 2
RB1 -3.82 -2.30 2.30 3
IQGAP1 3.35 2.13 2.13 4
BRCAl -2.13 -1.36 1.36 5
TNF 2.24 1.32 1.32 6
CDKN1A 2.33 1.29 1.29 7
MAP2K1 2.75 1.20 1.20 8
MYC -1.81 -1.19 1.19 9
EP300 -1.78 -1.15 1.15 10
CD44 1.85 1.03 1.03 11
CD97 144 0.92 0.92 12
SIAH2 1.15 0.87 0.87 13
MAPK1 1.64 0.79 0.79 14
RP5 1.94 0.76 0.76 15
S100A6 1.22 0.74 0.74 16
ABL1 144 0.73 0.73 17
NFKB1 122 0.70 0.70 18
MTF1 -1.01 -0.62 0.62 19
CDK2 1.20 0.61 0.61 20
IL18 -0.79 -0.56 0.56 21
PTPRC -0.98 -0.53 0.53 22
SMAD3 -0.57 -0.35 0.35 23
C1QA -0.29 -0.30 0.30 24
TP53 0.45 0.26 0.26 25
CDKN2A -0.31 -0.23 0.23 26
CCNE1 -0.21 -0.19 0.19 27
ST14 -0.18 -0.14 0.14 28

*Standardized coefficient = Unstandardized coefficient multiplied by standard deviation of predictor
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Opening the Data File

For this example, the data file is in SPSS system file format.

To open the file, from the menus choose:
» File - Load Dataset
> Select ‘LDASim.sav’ and click Open to load the data

S —
[File] Edit ‘iew Plot Model Help

Mew Project Ctrl+M g X

Load Dataset..,

|C0ntr0| 5 X |

Load Project...
Save Project &,

Close Project
Close &l Projects

Exit

Data g X

Fig. 1. File Menu
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P

X Dpen data set @I
G_l'\,_./'l | .« CCORExpress0.l » Demos - |¢-} | |555|r\-:h o

- aano -
‘ Organize + gas Views ~ [ Mew Folder

ERrn e I"-.Iamel Date rmodified Type »
g LDASiFn saw
ﬁleukemia.Tr&Hal.sau

EE. Documents

EQ' Music
| Call LMTraval sav
EE Pictures @simdﬂﬂ.isis.sau
More » (3 True_driver_data.sav
Faolders v

| CoffeeCup Software &
, Cormrmon Files —
; Comprehensive Meta .ﬂ.nalysl_l
, Corel

; CORExpress0.1

; Demaos

File name:  LDASIm, sav - [Datasets [*.dat " zav) v]

[ Open ] [ Cancel ]

Fig 2. Loading a Dataset

Figure 3 shows the ‘LDASIm’ dataset loaded in the ‘Datasets’ Outline Window on the left. The
middle section contains the workspace (currently a dark gray box), where the ‘Model Output’
appears following estimation of a CCR model. On the right is the ‘Model Control Setup’
window, where model setup is done. The ‘Data’ window on the bottom shows data from cases
included in the dataset.
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File  Edit View Plot hodel

|Datasets B X Cantral al Xl
s 4F LDASIm
CREATE MEW MODEL
CREATE MEW PLOT
Datasets Window Model Control Window
Daka il

Data Window

Status Bar Window

Fig. 3: CORExpress Windows

You can view the complete dataset in a new window by double clicking on ‘LDASIm’ in the

Datasets window.

14 i1 1

2 1 2 1

4 1 4 1

5 15 1
™

3

f

2

3

FPC1 ID sirmulation foldl0 foldS ranll

0.1335

0.4313

n.6122

0.2904

01357

ABL1 BRCAL CDAT CDEZ CDREM24A =

18,4

111

17.48

19.63

13.04

21,13

2227

20.81

22,05

21.87

12,71 1308 2052

1428 19.63 2086

1266 1793 20.24

1445 2037 2151

142 2017 2204

Fig. 4: CORExpress Dataset View
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Estimating a CCR Model

Selecting the Type of Model:
> Double click on ‘CREATE NEW MODEL’ in the Workspace window under
‘LDASImM’

Model setup options appear in the Control window.

Selecting the Dependent Variable:
> In the Control window below ‘Dependent’, click on the drop down menu and select
‘ZPC1’ as the dependent variable.

Selecting the Predictors:
> In the Control window below ‘Predictors’, click and hold on ‘ABL1’ and move the
cursor down to ‘INDPT28’ to highlight all 84 predictors. Click on the box next to
‘INDPT28’ to select all 84 predictors.

Alternatively, you can open a Predictors Window to select the predictors:
> In the Control window below the ‘Predictors’ section, click the “...” button.
» The Predictors Window will open.
» Click and hold on ‘ABL1’ and move the cursor down to ‘INDPT28’ to highlight all
84 predictors in the left box.
» Click on the “>>° box in the middle to select all 84 predictors and move them to the
right box as candidate predictors.

El Predictars @

ZpCl (ABL1 P
D BRCAL

simulation chat E
foldl chkz2

fald5 COkMN2A

ranll G3k3B

IQGAPL

MAPZKL

rAPEL

FTPRC

RE1

RP5

S10046

=Pl

THF

C10A,

CCMEL

T4

]

L

Lexical Order [ Ok ] | Cancel

Fig. 5. Predictor Window
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Specifying the Number of Predictors to Include in the Model:
» Click on the Step Down’ box and step down options will appear.
» Click on the ‘Perform Step Down’ box to enable the step down feature.
> Inthe ‘# Predictors:” box, keep the default number, ‘1’
> Inthe ‘Max # Predictors:” box, keep the default number, <20’

The estimation begins with all P=84 predictors in the model, and the CCR step-down procedure
is applied, eliminating the weakest predictors until 20 remain. Since we will also activate the
Cross-validation (CV) feature, it then accumulates the CV statistics and evaluates all models in
the specified range 1-20. The model output displayed will be for the model with P* predictors,
where P* is the one in the range 1-20 that achieves the highest cross-validation accuracy (CV-
ACC). In the case of 2 or more values for P tied for best, the cross-validated Area Under the
Curve (CV-AUC) will be used to break the tie, and if ties still remain, the smallest P* will be
selected from among those tied.

CV information is provided for all models within the range, should you wish to estimate
additional models containing a different number of predictors or change the specific predictors
included in the preliminary model.

By default, at each step of the step-down procedure, the 1% of the predictors that are weakest
(lowest importance coefficient) are excluded. If the check-mark to the left of ‘Remove by
Percent’ is removed, the weakest predictors are removed 1 at a time at each step.

If the CV feature were not activated, the step-down algorithm will eliminate the weakest
predictors until the selected number (here ‘1) remains in the model. In this case, the Max #
Predictors specified is ignored by the program.

Selecting the Number of Components:
» Under Options, click in the box to the right of ¥ ComponentsQdelete WQand type ¥Q

Specifying the Model Type:
» Select CCR.Ida to specify the LDA form of CCR
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our Control window should now look like this:

Eile  Edit Miew Plot  Model Help

Datasets & X CCRr 1 A X

4 "- LDASIim Copy | [ Dependent ]

[ ]ccra
CREATE MEYY MODEL CCR niot vet estimated, Use the 'Estimate [zpc1 = ]

CREATE MEW PLOT

[ Predictaors

INDPTZ5 -
INDPT26

INDPT2T (1
INDPT28 -

L]

[ Step Down

Perform Sktep Down

# Predictors: 1 @

Mazx # Predictars: 20 El

Remove by Percent

Percent: 1 E|

[ Options ]
# Components: 3 B

(7 CCRm ) CCR.Lpls MMSE
@ CCRda ) CCR.sury () CCRlogistic

Iterations: 4 E
Ridge Parameter: 0.001

\eights: [c:nu:une:b - ]

Case Id: [{nnne> v]
Include Missing

Drata (=4

Fig. 6: Control Window
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Selecting the Training Sample:
» Click on “Validation’ and options will appear for selecting training and validation
sample cases.
» Under ‘Training Subset’, click on the ‘<select>‘ drop down menu and click on
‘simulation’.
» Click on the ‘=* drop down drop down menu and click on ‘<.
» Click in the Training Subset numeric box and delete the number 0. Type 3’.

Now, all records with simulation<3 will be selected as the Training sample. This selects the 100
cases in simulations 1 and 2 for the analysis sample, providing group sample sizes of N; = N, =
50.

Specifying the Validation Sample:

Unless otherwise specified, all cases other than those selected to be used in the training sample
are automatically selected as the validation sample. This corresponds to the N=4,900 cases for
which simulation>3.

Specifying Cross Validation:

Click on the ‘Cross Validation’ box and cross validation options appear.

Click on the ‘Use Cross Validation’ box to enable the cross validation feature.
In the “# Folds:” box, delete ‘10’ and type 5’

Click on the ‘<none>‘ Fold Variable drop down drop down menu and click on
‘fold5’.

YV VY

This divides the analysis sample into 5 subsamples (folds) that will be used to obtain values for
the tuning parameters K = the number of components, and P = the number of predictors P. The
folds are defined by the variable ‘fold5’ on the data file. If a fold variable is not specified,
COREXxpress assigns cases randomly to each fold, and if the ‘Stratify’ option is selected, each
fold will have the same dependent variable distribution (or as close as possible). The variable
‘fold5’ is one implementation of stratified random assignment, exactly 10 cases being assigned
to each fold, 5 from each group. Later, we will let the program assign cases to the folds.

M-fold cross-validation is a common technique used in datamining. The statistics CV-ACC and
CV-AUC, are estimated based on model scores (predicted logits) obtained from the analysis
sample after excluding a particular fold, and then applied to the fold excluded. The excluded
folds are then combined and used to compute the CV statistics. Thus, the performance of the
model is measured using cases not used at all in the development of the model.
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Your Control window should now look like this:

File  Edit Miew Plot  bodel Help
Datasets & x| ] —— | ccr 1 & X
4 £ LDASIm -
Copy e
B [:I COR1 | [ Yalidation ]
CREATE MENY MODEL CCR nok et estimated. Use the 'Estimate Training Subset:
CREATE MEW PLOT [simulatinn ,] [{ ,] 5
[<se|ect> v] [= "] I}
Validation Subset:
[{select> v] [= v] I}
[ Cross Walidation ]
Use Cross Validation
# Rounds: 1 E —
# Folds: g E
Skratify
Randomization Seed: 09302010 E
Fold Variable: |FoldS v]
[ Screen ] m
Data & X

Fig. 7: Control Window

Estimate the Specified Model:
» Click on the ‘Estimate’ box to estimate the specified model.

A new window containing the CV-ACC / CV-AUC Plot pops up, which summarizes graphically,
CV results for predictors within the selected range.

View Model Output

Viewing CV-ACC / CV-AUC Plot:
» Click on the ‘CORExpress’ window (CV-ACC / CV-AUC Plot)
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Fig. 8: CV-AUC and CV-ACC Plot

The CV-AUC and CV-ACC plotted in the graph corresponds to the cross-validation AUC and
model accuracy based on the 3-component model for numbers of predictors P ranging from 20
down to 1. Given K = 3, the highest CV-ACC of .88 occurs with P* = 9 predictors. (As an
exercise, you can repeat the estimation for other values of K, and confirm that the resulting
models yield lower values for CV-ACC, which means that K*=3.) The performance is also
better than that of stepwise discriminant analysis for this sample.

Note that when the algorithm steps down to P = 3 predictors, the model becomes saturated --
meaning K=P. Since it is not possible to estimate a model where K>P, for P< 3 COREXxpress
automatically reduces the number of components, maintaining a saturated model. Thus, for P> 2,
K=3 components are maintained and for P< 3, K is reduced accordingly.

Viewing CV-ACC / CV-AUC Output:
» Click on the ‘LDASIm : CCR 1’ window (the Model Output Window) in
COREXxpress
» Scroll to the bottom of the ‘LDASIm : CCR 1’ window
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] CORExpress - Copyright () 2011 by Statistical Innovations El@
File  Edit ‘“iew Plot Model Help
Datasets B X |y | LDASIm : CCR 1 E@ CCR1 B X
4 &} LDASIm Gy Weights: |<n0ne> v| o
' EE.E'IE:ER;EW MODEL Cross-Yalidated Step-Down ~ Case Id: |<n0ne> - |
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19 03534 0.8624 0.7700 | tisidation
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16 02209 08726 0,2000
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l [P — 0.8300 E | Use Cross Validation
8 04740 09180 0.5700 # Rounds: 1 =
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andomization Seed:
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2 03240  0.8360 0.7700 -
10,4228 06962 0.6400 =
Estimate |
Data q x

Fig. 9: CV-AUC, CV-ACC and CV- R? Output in the Model Output Window Showing the
Highest CV-ACC Occurs with P*=9 Predictors

The cross-validation AUC (CV-AUC) is located at the bottom of the CCR 1 Model Output
Window along with the CV-ACC for each number of predictors. By default, the model estimated
and shown in the model output window is the one based on the tuned parameter value for P-- the
one with P* predictors. Here, P* is the value for P with the highest CV-ACC among the eligible
3-component models. As mentioned above, if there were ties, P* is taken to be the one with the
highest CV-AUC among those with the highest CV-ACC. For the example here, P*=9 which has
the highest CV-ACC (no ties). It also turns out to be the value of P with the highest CV-AUC.

Viewing the ‘Optimal’ Model Output:
» Click on the ‘LDASiIm : CCR 1’ window (the Model Output Window) in
CORExpress
» Scroll to the top of the window to view the summary statistics, predictors included in
the model and coefficients enclosed in the red box.

Loadings defining each component CC1, CC2, and CC3 as a linear combination of the
predictors are listed beneath columns labeled ‘CC1°, ‘CC2’, and ‘CC3’, and each predictor
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coefficient can be expressed as a weighted average of their loadings, the component weights
being listed above the components. For example, the coefficient for predictor ABL1 is:

2.7184 = 1.3297*1.6961 + .4266*(-2.5205) + .8704*1.7675

- =

LDASim : CCR 1 =8| Eol >

Copy
Results for CCR.Ida Regression - Wed Apr 27 13:36:38 2011 W

Model
Dataset: o Users fillDocurnents My Documents fCORExprass Damo DatafLDASim sav

Dependent: ZPC1

Weights:

Case Id:

Predictors (9): ABL1, BRCAL, IGEAPL, MAPZK L, RPS, SP1, IL18, MYZ, COKMH1A

m

Training Subset: [simulation] = =

# CCR.lda: 3
# Cases: 100 traiming, 4900 validation, O missing
Fit

Training Yalidation Cross-¥Yalidation
B2 06509 05525 0.4945
AUC 09655 0.9407 09272
AcCuracy 0.,9300 02686 02200

Coefficients
13297 04266 0.5704

Predictors Coefficient CC1 CC2 CC3

REL1 20184, 16981 -2.5205  1.7BFE
BR.CA1 -40473| -0k211 -3.23968 -2.0260
jLelcris) | 29811 05635 -2.0797  3.5830
FMAPZE1 24573 12747 -2.3284  3.3102
RPE 20579 30995 -1.4187 -0.8710
SP1 -2.9005)  0.1429 -4.0377 -1.5731
ILia -1.4880) -1.0345 -1.2720 04942
MY -1.7603| -0.0102 -2.48582 -0.7872
CDEM 1A 1.7532| 22375 -0.2796 -1.2670
[Constant] -18.3515 -

Fig. 10: Unstandardized Coefficients for K=3 in the Model Output Window

Note that for the Training, the CV-ACC=0.88 and for the Validation the ACC=0.8686.

Note that the validation accuracy and AUC are .8686, and .9407, close to the corresponding
cross-validation quantities, CV-ACC = .88, and CV-AUC=0.9272. The results are quite good
based on this sample -- the drop-off in performance from the Training to the Validation sample is
fairly small, and the 9 predictors included in the model are all among the valid predictors.

Viewing the K Components and Predicted Scores on the Dataset:
» Close the Datafile window
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> Double click on ‘LDASIm’ to re-open the Datafile window, which is now updated
with some new variables including the predicted logit scores and the 3 components.

» Click on the Datafile window and scroll all the way to the right to view these newly
constructed variables

, 5| LDASIm.sav = |[E ][] |

CCR Livvalidation CCR 1upredicted_logits CCR1:CC1 CCR1nCC2 CCRI1:CC3 CCR L

1 0 4,522 115.8 -361 26,22 2

2 0 5.453 119.9 -375.3 28.18 3

3 0 2476 111.8 -348.7 23.94 4

4 0 10.35 1241 -383.5 il4 3

] 0 8.097 1228 -374.9 28.98 2

6 0 5.4 115 -363.9 28.43 3

) 0 7475 1251 -399.3 34,26 3

g 0 5764 117.2 -366.3 28.24 4 -

4 P

Fig. 11: K Components and Predicted Scores in the CORExpress Dataset View

The right-most variables contain the scores for each of the K components as well as the predicted
logit score for the 3-component model. If the folds were randomly generated, the fold
assignments would also appear on this file. After estimating another model, this file will be
updated further. To view the updated data file, first close the current data file window and then
double click on ‘LDASIm’ again. The new data file window will now contain the scores for the
most recently updated model.

To copy the predicted scores and any other variables from the data set window to the clipboard,
click on the desired variables (or CTRL-click to select non-adjacent variables) and type the
shortcut ‘CTRL+C’> A pop-up window asks whether to include the variable name in the copy.
You can then paste the new variables into other programs, with or without the variable names.

Viewing the Training and Validation Interactive Plots:
Two interactive plots are available -- one for the training, the other for the validation data.
» Click on the drop down arrow next to ‘CCR 1’ in the Datasets window

» Double click on ‘~ ROC Training’
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Fig. 12: Training Dataset ROC & Scatter Plot

Each point on the red ROC curve corresponds to a particular logit cut-point depicted by a
horizontal reference line in the associated scatterplot. By default, the cut-point = 0, the predicted
logit of zero corresponding to a predicted probability of .5. Cases above the cut-point (above the
horizontal equal-probability reference line in the scatterplot) are predicted to be in group
ZPC1=1, those below the cut-point being predicted to be in group ZPC1=0.

The specific point on the red ROC curve corresponding to this horizontal reference line is
identified at the intersection of the dotted lines. The blue dotted lines define the sensitivity and 1-
specificity for the given cut-point. For example,
e The sensitivity given on the vertical axis is .94, meaning that 94% of the red points in the scatter-
plot are correctly classified as being above the reference line (i.e., above the cut-point).
e ¢KS ALISOATFAODSORTRPA DDA DWYOnyOo YSIEya GMat
are correctly classified below the reference line (below the cut-point)

The slider, located in the Control Window beneath the Cutpoint box can be used to see how the
sensitivity and specificity changes with different cut-points. To increase the cut-point:
> Position the curser on the slider, left-click and move it to the right to raise the reference
line to the new cut-point of .7, so it now lies above 1 blue point that was incorrectly
classified previously.

This blue point is now correctly classified, raising the specificity from 92% to 94%. However, 1 red point
that was correctly classified previously is now incorrectly classified (it is now below the new reference

line), and the sensitivity is reduced from 94% to 92%.

The blue dotted line in the ROC plot shifts to show the updated position on the ROC curve, and the
sensitivity and specificity quantities are updated accordingly.
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Fig. 13. Training Dataset ROC & Scatter Plot

A similar plot is available for the validation data. Since there are N=4,900 cases in the validation sample,
this window will take longer to open, and due to the large number of red and blue points, it is not as

easy to interpret.

> Double click on ‘~ ROC Validation’ to open the Validation plot
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Fig. 14: Validation Dataset ROC & Scatterplot

To reduce the number of points to make it easier to visualize:
> Click on the plot to make it active

This changes the Control Window settings so it can be used to modify the active plot.

We will now change the Validation plot to show only the subset of cases in simulation=2:

Selecting a Subset of the Cases for the Validation Plot:
» Click on the ‘Subsets’ box in the ‘~ ROC Validation” Control window
» Click on the ‘CCR 1 : Validation’ box and select the variable named ‘simulation’
» Click in the Corresponding Subset numeric box and type ‘2’
» Click the ‘Update’ button.
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Your screen should now look like this:

5| CORExpress - Copyright () 2011 by Statistical Innowations (== =
File Edit ‘Wiew Plot Model Help
x [ —— x
Pokasets F X | LoASim : CCRA ¢ - ROC Validatian [ s | RO Yaidation =2
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~ ROC Training 100 R 8 [CR 1uccz -
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CREATE MEW PLOT a0 6 - Scatter Plot Options...
CREATE MEW MODEL - 24 Tt T = Cau
3 =4
CREATE MEW PLOT [ AUC = 0.9904 g .1 =% | :
o Sensitivity = 1.0000 T L Subset
=1 Specificity = 09200 £ 0 . -
% 40 Misclassif, Err. = 0.0400 T 2 ® .
) A O e P smion <[z <] 2
20 = i ——
g & it * - <select> = "] 0
0 T T T T & L) L | Update | E
0 z0 40 &0 80 100 .
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AT -390 -385 -380 -375 -370-365 -360 -355 -350 -345 | Labels
0 CCR1nCC2
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Data B x
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1 1 4,522 -361
1 2 5.453 -375.3
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Fig. 15: Validation Dataset ROC & Scatterplot with simulation=2

Alternatively, the variable ‘ran01’ on the file can be used to display a random subset of cases.
‘Ran01’ consists of random numbers between 0 and 1. For example, by specifying ‘ran01<.1’,
the plot will be updated to show only 10% of the validation sample cases.

Notice that for each case, the predicted logits and other variables are provided in the data
window below the plots. Clicking on a point in the plot (or highlighting several points) identifies
the associated cases in the data window. Similarly, selecting a case in the data window
highlights the associated point in the plot.

Additional variables can be displayed in the data window by selecting the desired variables from
the Project settings menu.

To open the Project Settings menu:

» Right click on ‘LDASim’ at the top of the Datasets Window.
» Select ‘Project Settings’
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The following window appears:

7| Data Window Yariable Selection [-B |3
Variables
Wariable Type kdean Range Count  *
D Continuous 5000 (1,10000) 10000 |
‘“Walidation Categorical (2) 0.5 (0,1 10000 3
simulation Caontinuous 50.5 (1,10m 10000
by Continuous -0.03728 (-11.86,11.98) 10000
BRZAL Continuous 0.004675 (-2.232,2.343) 10000
Cch44 Continuous 0005851 (-2.124,1,919 10000
CDy7 Continuous 0.001543 (-2.232,2.549) 10000
COEMLA, Continuous 00008199 {-2.119,2.148) 10000
EP30N0 Continuous 0008798 (-2.474,2,331) 10000
GEk3B Continuous 0.003591 (-2.141,1.948) 10000
I0GAPL Caontinuous -0.00002224 {-2.35,2.342) 10000
kAP 2EL Continuous 0.0055449 (-1.533,1.655) 10000
kAN Continuous 0.01045 (-2.354 2,456 10000
RE1 Continuous 0004618 (-2,293,2.052) 10000
RP5 Continuous n.oon2aaz  {-1.507,L37 10000 -
[ (04 ] | Cancel |

Fig. 16. Project Settings Menu Option: Data Window Variable Selection

Select the variable(s) that you wish to appear in the Data Window by checking the box to the left
of the variable name.

A wide range of traditional plot options for linear regression are also provided. To see these,
double click ‘CREATE NEW PLOT’
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Fig. 17. Create New Plot Options

In particular:

Select the Scatter Plot option to construct additional scatterplots for the training data only, for
the validation data only, for any selected subset of the data, or plots for each of the above.

Select the Box Plot to compare the distribution side by side for the 2 dependent variable groups.

Select the Histogram option to examine the distribution for any variable on the file, within any
selected subset of cases.

Analysis of Simulated Sample #1 (N=50)

In our first example, we analyzed data based on a sample of size N=100, by limiting the training
data to cases in simulated samples #1 and #2. Now, we will reduce the sample size further, using
only simulation #1 as our analysis file. (As an exercise, these analyses can be repeated for each
of the other 99 simulated samples on the file.)

Specifying the Training Sample:
» Double click on ‘CCR’ in the Datasets window to make the model active.
» In the Control Window, click on ‘Validation” and options appear for selecting
training and validation samples.
» Click on the ‘<‘ drop down drop down menu and click on ‘=*.
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» Click in the Training Subset numeric box and delete the number 3. Type ‘1.

Now, all records with simulation=1 will be selected as the Training sample, providing group
sample sizes of Ny = N, = 25. (Note: For comparability with our earlier example, we use the
same 5-fold CV assignments, as specified by the variable ‘fold5’. (The number of folds, 5, was
selected because the group sample size of 25 is evenly divisible by 5.)

Selecting the Number of Components:
» Under Options, click in the box to the right of ¥ ComponentsQdelete WQand type ¥Qto

specify K=6 components. K=6 turns out to yield the highest (CV-ACC, CV-AUC) combination

for this sample.

Naming the Model:

» Right-click on the current model name CCR1

> { St SO

YwsSyl Ysa

> ¢8LIS W{AYMDYcQ

Estimate the New Model:
> Click the WstimateCbutton

View Model Output

Viewing CV-ACC / CV-AUC Plot:
» Click on the ‘CORExpress’” window (CV-ACC / CV-AUC Plot)
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Fig 18. CV-AUC and CV-ACC Plot
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The CV-ACC and CV-AUC plotted in the graph correspond to the cross-validation accuracy and
area under the ROC curve based on the 6-component model for number of predictors P ranging
from 20 down to 1.

As the number of predictors reaches P=6, the model becomes saturated -- meaning K=P. For
P<6, CORExpress automatically reduces the number of components, maintaining a saturated
model. Thus, for P>5, K=6 components are maintained and for P<6, K is reduced accordingly.
Here, the tuned value is P*=4, so K is also reduced to 4 components (reported as ‘#CCR.lda: 4’
in Fig. 20), yielding CV-ACC=.8.

Viewing CV-ACC / CV-AUC Output:
» Click on the ‘LDASIm : CCR 1’ window in COREXxpress
» Scroll to the bottom of the ‘LDASiIm : CCR 1’ window

LOASirm ¢ Sl kR = [ =] g2
Copy
Cross-Yalidated Step-Down -
# Predictors R2 AUC Accuracy
20 00842 07520 07200
19 00859 07328 07000
18 00805 07216 0.&200
17 00884 07152 07000
16 0.0917 06332 0.&E00
15 0.,1043 06832 0.&000
14 0,1347 0.7088 0.&200
12 01241 07104 0.&200
12 0.1362 07360 07000
11 0,138 07328 07200
10 0,164 07520 07200 i
9 0,157% 0.7e00 07200 3
9 02068 07920 07400
7 02534 08128 07400
B 028439 0.2480 0.7&00
E 02761 0.8256 0.7400
4 0.265F 08192 0.2000
30,1991 0.F¥e0 07000
2 0,1547 0.7458 0.&200
1 00043 04352 0.4200 -

Fig. 19. Cross-Validation Step-down Output

The cross-validation accuracy CV-ACC is located at the bottom of the CCR 1 Model Output
Window along the AUC (CV-AUC) and CV-R? for each number of predictors. (CV-R? is used as
the primary statistic for CCR linear regression models which involve a continuous dependent
variable.) As explained earlier, the results shown in the model output window is for the 'tuned’
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model -- the one with P* predictors, where P* is the value for P with the highest CV-ACC. (In
the case of ties, the tuned number of predictors P* is taken to be the one with the highest CV-
AUC among those with the highest CV-ACC.) For the example here, the results are shown for
the model with P*=4 which is the only one with CV-ACC as high as .8.

Since the model with 4 predictors is saturated (K=P=4), it is equivalent to a LDA model. In
particular, this tuned CCR model turns out to be a LDA model with 4 valid predictors, all 4 being
among the valid predictors.

This model validates very well, as the corresponding accuracy obtained by applying this model
with the particular coefficients (and cut-point) estimated based on the N=50 training cases to new
cases on the independent large validation (test) sample of N=4,950 is .802.

We will now show that the coefficients reported by CORExpress for this model are in fact
identical to that obtained from Fisher’s LDA (which is always the case since saturated CCR
models are equivalent to the traditional regression models, LDA in this case). The table below
computes the logit coefficients directly from the output obtained from linear discriminant
analysis:

Table 2. Logit Coefficients for the Saturated CCR.lda Model
Match Coefficients Obtained from Fisher’s LDA

Classification Function
Coefficients for CCR Model
ZPC1 Logit
0 1 Coefficients

BRCA1 74.10 69.50 -4.60
CD97 -24.78 -20.67 4.11
IQGAP1 -88.09 -81.44 6.66
SP1 82.11 76.26 -5.85
(Constant) -698.64 -652.28 46.36
Fisher's linear discriminant functions

Val-ACC 0.802

Traditionally, with a small sample of N = 50 and P = 84 predictors, the stepwise LDA option
would typically be used. For purposes of comparison, Table 3 below reports the results obtained
from stepwise LDA. This results in a model with 6 predictors, 2 of which are irrelevant
predictors, which are mistakenly included in the model. The resulting accuracy of this model,
again estimated using the large test sample, is 77.8%, lower than the 80.2% accuracy obtained
for the CCR model by COREXxpress.
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Table 3. Logit Coefficients Obtained from Stepwise LDA

Classification Function Coefficients
for Stepwise LDA
ZPC1 Logit
0 1 Coefficients
BRCA1l 82.21 75.49 -6.72
IQGAP1 -89.34 -78.89 10.45
SP1 31.49 25.39 -6.10
CDKN1A 41.85 46.86 5.01
INDPT9 6.11 241 -3.70
INDPT23 7.73 5.68 -2.05
(Constant) -873.22 -861.75
11.47
Fisher's linear discriminant functions
Val-ACC 0.778

To obtain the standard error for CV-ACC:

Since CV-ACC is the primary criteria used by CCR to determine the number of predictors in this
model, we might be interested in knowing the standard error of this statistic. To compute the
standard error, we need to re-estimate the model with more than 1 round of M-folds. We will
allow COREXxpress to randomly assign cases to 10 different sets of 5-folds. To request R = 10
rounds of 5-folds:

> In the Cross Validation section in the Control Window, change the W Rounds{¥rom 1 to 10
» Click on the drop down menu for Wold VariableCand select ¥none>W
» Click PstimateQ

Recall that previously based on a single round of 5-folds, the assignments being defined by the variable
WF2f Rp Q3 -AECO ROFdS B33 Mn this analysis, with 10 rounds of 5-folds, we obtain CV-ACC =
.7420 with standard error of .0503 for the model with P=4 predictors. The CV step-down output
reported in Fig. 20 show that the resulting CV-ACC is again highest for this model with the 4 valid
predictors.
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Fig. 20. Cross-Validation Step-down Output

The CV-ACC values reported in Fig. 20 are averages of the CV-ACC obtained from the 10 rounds, and
the associated standard errors are computed as the standard deviation of these 10 values. This
output is used to determine P*, the value of P yielding the highest average CV-ACC.

With multiple rounds of M-folds it is also possible to compute an additional informative statistic.
From each round, CORExpress records the maximum CV-ACC, among the eligible values for P. For
example, for round 1, the max CV-ACC may occur with P=7 predictors, while for round 5, it may
occur with P=4 predictors. We then compute the average and standard deviation for the maximum
CV-ACC, and report it in the Model Summary Results shown at the top of the Model Output
Window. This is reported in Fig. 21, yielding

CV-ACC =.7680, with standard error of .0391.
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15:11:33 2011
Model
Dataset: i Program =

Files fiCORExpressi. 1 JDemos LDA Sim saw
Dependent: ZPZ1
Waeights:
Case Id:
Predictors {4): BRCA1L, CD47, IGGARL, SP1
Training Subset: [sirmulation] =1
# CCR.lda: 4
# Cases: C0 traiming, 4950 validation, 0 missing
Fit

Training Validation Cross-Yalidation
R2 0.E6EL 0.4151 0.2770 0.0736
AUC 09488 02828 02195 10,0452
ACCUracy 0.3300 02018
Coefficients
42692 06612 0.5003 0.2500

Predictors Coefficient CC1 CC2 CC3 CC4
BRCA1 -4.6022  -0.2664 -4.2638 -1.7328 02349
0y 4,105 12926 19523 -74871 41822
IEAPL E.BEE1 088946 -1.88258 E.E346 34151
=P1 -G.A528 04781 -8.7763 -3.2847 -1.7900
[Constant] 463644 -

Fig. 21: Results from CCR4, Obtained based on 10 Rounds of 5-Folds
CV-ACC = 0.7680 with Associated Standard Error = 0.0391

Saving the Current Project

Save the Current Project:
» Click on File->Save Project As...
» A dialog box will pop up with the option to save the current project in the same
directory as the dataset file.
» Type ‘LDASIm’
> Click ‘Save’ to save the project.
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7 | Save project ==

Ol'_\_,/'l | . CORExpress » Demo Data » - |¢-} | |555|_r'\-:h 0 |
File name:  LDASim| -

Save as type: ’Data Projects (*.spp) 'v]

* Browse Folders

Save ] [ Cancel

Fig. 22: Saving a Current Project

Viewing Model Specifications & Output from Previously Saved Project

Opening the Previously Saved Project:
> File 2 Load Project...

» Select ‘LDASim.spp’ and click Open to load the project

5| Open project

OG | . % CORExpress » DemoData » - ““?| |555‘J"Cf?

‘ Organize = gg8 Views ~ [ New Folder

Favorite Links Marne Date modified Type
[E Documents & LDASIm.spp

!F' Music
EE Pictures

More

Size Tags

Falders hd

Filz hame:  LDASIm spp - ’Data Projects [*.spp) v]

[ Open ] [ Cancel ]

Fig. 23: Loading a previously saved project
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Viewing Model Specifications & Output from Previously Saved Project

Opening the Model Specifications for the Saved Project:
> Double click on ‘Sim1.K6’ in the Datasets window

The control window will now show the saved model specifications and the model output window
will show the previously saved model output corresponding to the model specifications.

Viewing the K Components and Predicted Scores from the Previously Saved Project:
> Double click on ‘LDASIm’ from the Datasets window
> Scroll to the right to see that COREXxpress automatically saves K Components and
Predicted Scores from the previously generated runs.

Viewing the ROC and Scatter Plots from the Previously Saved Project:
» Click on the drop down arrow next to ‘Sim1.K6’ in the Datasets window
> Double click on ‘~ ROC Training’
» Confirm that the ROC and Scatter Plots were saved from the previously generated
runs.
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